
ECCHECK: Enhancing In-Memory Checkpoint with
Erasure Coding in Distributed DNN Training

Guicheng Qi
HKU

u3010274@connect.hku.hk

Zongpeng Li
Tsinghua University

zongpeng@tsinghua.edu.cn

Chuan Wu
HKU

cwu@cs.hku.hk

Zhuwei Peng, Yi Zheng
Huawei

{pengzhuwei,zhengyi29}@huawei.com

Abstract—Distributed large model training is intensively time
and resource consuming. Failures during the long training period
are often inevitable, and can incur substantial recovery costs.
Checkpointing has been the standard fault tolerance approach,
which periodically stores the latest model states at remote persis-
tent storage. This process can be time-consuming due to limited
network bandwidth, and adversely affects training throughput.
In-memory checkpointing addresses this issue by saving check-
point data into host memory instead of remote storage. However,
host memory is non-persistent, and may not provide sufficient
resilience in case of machine failure. We propose ECCHECK, a
novel in-memory checkpoint system that employs erasure coding
to enhance fault tolerance in distributed deep neural network
training. ECCHECK advocates serialization-free encoding and
decoding in model checkpointing. Several techniques are pro-
posed to minimize computation and communication overhead
incurred by erasure coding. Extensive experiments demonstrate
that ECCHECK achieves superior fault tolerance compared to
state-of-the-art solutions, while maintaining high checkpointing
frequency, low checkpointing stalls, and fast recovery from
failures.

Index Terms—distributed training, fault tolerance, in-memory
checkpoint, erasure coding

I. INTRODUCTION

The emergence of large deep learning models such as
GPT-4 [23], LLaMA [34], and PaLM-E [8] has unlocked
new possibilities in natural language processing, computer
vision, and beyond. Training these models, with hundreds of
billions of parameters, requires vast computation resources:
often utilizing hundreds or even tens of thousands of GPUs
for weeks or even months [33]. This protracted training pro-
cess inevitably encounters numerous faults, including software
glitches and hardware breakdowns. For example, the training
of Llama 3.1 405B experienced 419 unexpected failures over
54 days, encompassing various issues such as GPU device
malfunctions, network infrastructure failures, server hardware
problems, and software bugs. This averaged to approximately
one failure every 3 hours, with 78% of these failures attributed
to confirmed or suspected hardware issues [33]. Upon failure,
training often needs to be restarted, incurring substantial
recovery costs in time and resources.

Checkpointing has been the de facto standard to enable
failure recovery in distributed model training, periodically
storing training states (e.g., model parameters, optimizer states,
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dataloader states) on remote persistent storage [24]. By loading
the latest checkpoint from the storage, it allows training to
resume from the corresponding model states. To ensure model
consistency, training is paused during this recovery process,
and loading checkpoint from the remote storage is often time-
consuming due to network bandwidth constraints. To main-
tain acceptable training throughput, checkpointing frequency
is typically kept relatively low, once every few hours [1].
Consequently, failures may cause the model to roll back to
a rather old state, wasting significant time and computation
resources. For example, 178,000 GPU hours are wasted due
to various training failures in the training of OPT-175B [36].

To address the low checkpointing frequency, CheckFreq
[20] adaptively adjusts checkpointing frequency in real time,
to strike a balance between checkpoint overhead and failure
recovery time. It also implements a two-phase checkpointing
process, snapshot and persist, to reduce training interruptions,
but still transfers the checkpoint to remote storage. Check-
N-Run [9] uses incremental checkpointing for deep recom-
mendation models and employs quantization techniques to
reduce the checkpoint size, expediting data transfer to remote
storage. However, quantization may compromise model accu-
racy. GEMINI [35] adopts in-memory checkpointing, where
checkpoints are stored directly in CPU memory of host
machines. This enables high checkpointing frequencies due
to much higher I/O bandwidth. However, GEMINI’s node
grouping strategy restricts its ability to handle consecutive
node failures effectively, and it still relies on remote storage
when concurrent failures happen in the same group, due to the
non-persistent nature of host memory.

Addressing these challenges, we propose ECCHECK, an in-
memory checkpoint system for distributed large model train-
ing that leverages erasure coding for distributed checkpoint
storage and efficient failure recovery. By harnessing the high
bandwidth of inter-node connections, ECCHECK can achieve
significantly higher checkpointing frequency compared to re-
mote storage-based checkpointing. Although CPU memory is
non-persistent, erasure coding can provide more fault tolerance
than replication, under the same level of redundancy.

ECCHECK can tolerate multiple node (aka machine) fail-
ures while maintaining high checkpoint frequency and fast
training recovery, without compromising model accuracy or
training throughput. To efficiently integrate erasure coding
into distributed DNN training, we design a serialization-free
encoding and decoding protocol for model checkpointing and



recovery. To alleviate the additional computational and com-
munication overhead due to checkpoint coding, we propose
several techniques to accelerate checkpointing and to avoid
interference with distributed model training. Our contributions
can be summarized as follows:

▷ We design ECCHECK, an innovative in-memory check-
pointing system that utilizes erasure coding for fault tolerance
to multiple machine-level failures in distributed DNN training.
The system strategically classifies all n training nodes into k
data nodes and m parity nodes. By applying erasure coding
to process checkpoints in a distributed manner, ECCHECK
enables the training system to withstand up to m concurrent
failures. ECCHECK leverages CPU resources for checkpoint
encoding and communication, and does not compete with
model training for GPU computation and memory resources.
ECCHECK can be applied in distributed training using any
type of parallelism (tensor parallelism, pipeline parallelism,
fully sharded data parallelism).

▷ We design a serialization-free encoding and decoding
protocol for processing model checkpoints. It decomposes the
checkpoint into distinct components for tailored processing,
reducing overhead and improving efficiency.

▷ We advocate multiple optimization techniques in EC-
CHECK to minimize both computational and communication
overhead incurred by erasure coding. ECCHECK employs
the efficient Cauchy Reed-Solomon [2] code as its encoding
scheme, leveraging CPU thread pool to accelerate encoding.
ECCHECK utilizes a sweep line algorithm to optimize the
selection of data nodes and parity nodes, and determines the
ideal XOR reduction target (a crucial step in ECCHECK’s
checkpointing process), to reduce communication volume.
Furthermore, ECCHECK exploits network idle time slots for
communication tasks and employs a pipelined approach to
overlap checkpoint computation and communication.

▷ We implement ECCHECK on top of Megatron-LM [32]
[22] [16]. We conduct extensive experiments to demonstrate
the scalability, fault tolerance, and performance benefits of
ECCHECK under various distributed training configurations.
ECCHECK not only provides enhanced fault tolerance com-
pared to replication-based in-memory checkpointing, but also
features reduced checkpointing time (by up to 5.2×) and faster
recovery (by up to 13.9×) compared to remote storage-based
checkpointing.

II. BACKGROUND AND MOTIVATION

A. Distributed Model Training and Checkpointing

Distributed training represents the status quo of training
large deep learning models, with computation distributed
across multiple workers/devices. Several key parallelism
strategies have been widely adopted. Data parallelism [12]
replicates the entire model at each device, with each device
processing a different mini-batch of training data. Tensor
parallelism [32] partitions tensors among devices, allowing
parallel computation on different parts of the same model
layer. Pipeline parallelism [13] [21] divides the model into
stages, running different layers on different devices, creating a
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Fig. 1: Hybrid parallelism in a 4-node distributed training system,
where each node contains 4 GPUs. The DNN model is divided into
2 pipeline-parallel stages, with each stage partitioned among 4 GPUs,
and each stage having a replica.
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(a) Each of the four
nodes stores one chunk.
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(b) Replication-based
Approach.
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d3

<latexit sha1_base64="0dflztM78udREIu2zlLIme+nuws=">AAAB8HicbVBNSwMxEJ31s9avqkcvwVYQhLLbQ/VY9OKxgv2Qdlmy2WwbmmSXJCuU0l/hxYMiXv053vw3pu0etPXBwOO9GWbmhSln2rjut7O2vrG5tV3YKe7u7R8clo6O2zrJFKEtkvBEdUOsKWeStgwznHZTRbEIOe2Eo9uZ33miSrNEPphxSn2BB5LFjGBjpcdKFLiXUVCrBKWyW3XnQKvEy0kZcjSD0lc/SkgmqDSEY617npsaf4KVYYTTabGfaZpiMsID2rNUYkG1P5kfPEXnVolQnChb0qC5+ntigoXWYxHaToHNUC97M/E/r5eZ+NqfMJlmhkqyWBRnHJkEzb5HEVOUGD62BBPF7K2IDLHCxNiMijYEb/nlVdKuVb16tX5fKzdu8jgKcApncAEeXEED7qAJLSAg4Ble4c1Rzovz7nwsWtecfOYE/sD5/AH2mY84</latexit>

d0 + d2
<latexit sha1_base64="LIHUHpf2CAL1o//cJDfLrVIDwi4=">AAAB8HicbVBNS8NAEJ3Ur1q/qh69LLaCIJSkQvVY9OKxgv2QNoTNZtMu3WzC7kYoob/CiwdFvPpzvPlv3LY5aOuDgcd7M8zM8xPOlLbtb6uwtr6xuVXcLu3s7u0flA+POipOJaFtEvNY9nysKGeCtjXTnPYSSXHkc9r1x7czv/tEpWKxeNCThLoRHgoWMoK1kR6rgedcBN5l1StX7Jo9B1olTk4qkKPllb8GQUzSiApNOFaq79iJdjMsNSOcTkuDVNEEkzEe0r6hAkdUudn84Ck6M0qAwliaEhrN1d8TGY6UmkS+6YywHqllbyb+5/VTHV67GRNJqqkgi0VhypGO0ex7FDBJieYTQzCRzNyKyAhLTLTJqGRCcJZfXiWdes1p1Br39UrzJo+jCCdwCufgwBU04Q5a0AYCETzDK7xZ0nqx3q2PRWvBymeO4Q+szx/5p486</latexit>

d1 + d3
<latexit sha1_base64="ZRmJaPG4rfAowBwwvda/VwhxIN4=">AAAB8HicbVBNS8NAEJ3Ur1q/qh69LLaCF0tSoXosevFYwX5IG8Jms2mXbjZhdyOU0F/hxYMiXv053vw3btsctPXBwOO9GWbm+QlnStv2t1VYW9/Y3Cpul3Z29/YPyodHHRWnktA2iXksez5WlDNB25ppTnuJpDjyOe3649uZ332iUrFYPOhJQt0IDwULGcHaSI/VwHMuAu+y6pUrds2eA60SJycVyNHyyl+DICZpRIUmHCvVd+xEuxmWmhFOp6VBqmiCyRgPad9QgSOq3Gx+8BSdGSVAYSxNCY3m6u+JDEdKTSLfdEZYj9SyNxP/8/qpDq/djIkk1VSQxaIw5UjHaPY9CpikRPOJIZhIZm5FZIQlJtpkVDIhOMsvr5JOveY0ao37eqV5k8dRhBM4hXNw4AqacActaAOBCJ7hFd4sab1Y79bHorVg5TPH8AfW5w/8t488</latexit>

d1 � d3

<latexit sha1_base64="hRDWOu8vOHSLV8Le1kqM6qda2fA=">AAAB8HicbVA9T8MwEL3wWcpXgZHFokVioUo6FMYKFsYi0Q/URpHjOK1V24lsB6mq+itYGECIlZ/Dxr/BbTNAy5NOenrvTnf3wpQzbVz321lb39jc2i7sFHf39g8OS0fHbZ1kitAWSXiiuiHWlDNJW4YZTrupoliEnHbC0e3M7zxRpVkiH8w4pb7AA8liRrCx0mMlCtzLKKhVglLZrbpzoFXi5aQMOZpB6asfJSQTVBrCsdY9z02NP8HKMMLptNjPNE0xGeEB7VkqsaDan8wPnqJzq0QoTpQtadBc/T0xwULrsQhtp8BmqJe9mfif18tMfO1PmEwzQyVZLIozjkyCZt+jiClKDB9bgoli9lZEhlhhYmxGRRuCt/zyKmnXql69Wr+vlRs3eRwFOIUzuAAPrqABd9CEFhAQ8Ayv8OYo58V5dz4WrWtOPnMCf+B8/gD5qY86</latexit>

d0 � d2

node 0 node 1 node 2 node 3

(c) Erasure coding-based
Approach.

Fig. 2: Replication vs. erasure coding of checkpoint. With the
same amount of redundancy, erasure coding provides stronger fault
tolerance.

computation pipeline among microbatches of input data. The
parallelism strategies can be combined to optimize resource
utilization and training scalability under different model archi-
tectures and hardware configurations. An example of hybrid
parallelism is given in Fig. 1, with data, pipeline, and tensor
parallelism combined to train a DNN model.

A typical checkpoint includes model states, optimizer states,
dataloader states, and additional metadata (such as iteration
count and checkpoint version), all structured as a dictio-
nary. The checkpointing process generally involves several
steps: synchronizing model states across distributed workers
to ensure model consistency, serializing checkpoint data into
compact byte objects, and storing the byte objects to persistent
storage. In distributed environments, effective checkpointing
must carefully balance fault tolerance and training perfor-
mance.

Since the interconnection bandwidth among nodes is sig-
nificantly higher than that to remote storage, in-memory
checkpointing can potentially achieve a high checkpointing
frequency. Nonetheless, CPU memory is non-persistent and
in-memory checkpoint would be lost when the machine
fails. GEMINI [35], a state-of-the-art in-memory checkpointing
system, employs a replication-based method to ensure fault
tolerance. It divides all nodes into groups of the same size;
within a group, each node stores replications of all checkpoint
data in that group, thereby providing fault tolerance. In Fig. 2,
four nodes in a distributed training system each store one
checkpoint data chunk. Nodes 0-1 and 2-3 are organized into
two separate groups. With the inter-group replication design of
GEMINI (Fig. 2b), the system can tolerate up to two concurrent
node failures, one in each group. Using a larger group size
may allow tolerating more concurrent failures, but may incur
significant communication and memory overhead, as each
node needs to broadcast its checkpoint to all nodes within
the same group.

B. Erasure Coding

Erasure coding is a classic method for fault tolerance
with data redundancy, and has been well studied/applied in



the fields of distributed storage [7], cloud computing [17],
and network communications [30]. Compared to replication,
erasure coding requires less redundancy to achieve the same
level of fault tolerance, at the cost of additional computational
overhead.

The core idea of erasure coding is to use an encoding matrix
(also known as a generator matrix) to transform k original
data packets into n = k + m encoded packets, such that
any k of these n packets can reconstruct the original k data
packets. The encoding matrix is of size (k+m)×k, with any
k rows being linearly independent. An erasure code can be
either systematic or non-systematic [25]. Systematic erasure
codes, widely adopted in practice, preserve the original k data
packets and append m parity packets. The encoding matrix
is E = [Ik, E

′]T , where Ik is a k × k identity matrix, E′ is
a k × m matrix. Non-systematic codes transform the entire
message, resulting in an encoded output that does not contain
the original data. Systematic codes have lower encoding and
decoding complexity, while non-systematic codes can provide
enhanced error correction capabilities and improved security.
We focus on systematic codes due to their lower computational
overhead; security considerations are beyond the scope of this
work.

In Fig. 2c, node 0 and node 1 store the original data chunks
[d0, d1] and [d2, d3], respectively. In contrast, node 2 and node
3 store the encoded parity chunks [d0 + d2, d1 + d3] and
[d0−d2, d1−d3]. The system can tolerate any two concurrent
failures. For instance, if node 0 and node 1 fail concurrently,
the checkpoint chunks stored on node 2 and node 3 can be
used to recover d0, d1, d2, d3. For both replication (Fig. 2b)
and erasure coding (Fig. 2c), each node needs to store twice
its original checkpoint data size. Erasure coding can provide
better fault tolerance than replication under the same amount
of redundancy.

On the other hand, erasure coding incurs additional compu-
tation (for chunk encoding and decoding) and communication
(for transferring chunks among nodes for distributed storage)
overhead. Is it worth adopting erasure coding which trades off
extra computation for better fault resilience? Consider a 2000-
node cluster, which can be divided into 500 groups, each con-
taining 4 nodes. Let p denote the probability of a single node
experiencing failure, assuming node failures are independent
[31] [11]. If we use a replication-based checkpointing system,
for each 4-node group, the recovery rate (i.e., the probability
of recovering all checkpoint data from node failures) is given
by:

Rrep = (1− p)4 +

(
4

1

)
p(1− p)3 + (

(
4

2

)
− 2)p2(1− p)2 (1)

If we use an erasure coding-based method for each 4-node
group, as illustrated in Fig. 2c, the group can tolerate any two
concurrent failures. Under this arrangement, the recovery rate
is:

Rera = (1− p)4 +

(
4

1

)
p(1− p)3 +

(
4

2

)
p2(1− p)2 (2)
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We obtain that Rera−Rrep = 2p2(1−p)2. For the 2000-node
cluster divided into 500 groups, considering that any group
failure renders recovery impossible, the overall recovery rate in
the cluster is R500

rep with replication-based checkpointing, and
R500

era with the erasure coding-based method. Fig. 3 compares
the fault tolerance capacity between the two methods. With
the increase of node failure rate, the better failure resilience
of erasure coding is more pronounced. If we can optimize
erasure coding to incur only marginally more overhead than
replication, without significantly interfering with training, then
adopting erasure coding is worthwhile due to substantially
improved fault tolerance in large-scale distributed systems.

C. Opportunities and Challenges

Existing research has explored some approaches to applying
erasure coding to in-memory checkpointing. For instance,
a study presented at HASE [4] investigates diskless check-
pointing in distributed scenarios; however, it is not well-
suited for DNN training workloads. ECRM [37] is specif-
ically tailored for recommendation models, which limits its
applicability to other types of DNNs and broader distributed
training scenarios. Furthermore, it can only tolerate a single
node failure, making it less effective in scenarios requiring
higher fault tolerance. The application of erasure coding to
in-memory checkpointing presents promising opportunities for
improving failure resilience of distributed training systems,
while maintaining high checkpointing and recovery efficiency.
Nevertheless, several challenges need to be addressed to
fully realize the benefits of erasure code-enhanced in-memory
checkpointing.

Challenge 1: Designing an efficient encoding and decoding
protocol. In distributed model training, each worker maintains
a sharded state_dict (i.e., the checkpoint data), of which
model and optimizer states are maintained in GPU memory,
Random Number Generator (RNG) states in the dataloader
and other training metadata like iteration count are stored
in CPU memory. Since encoding is applied to a contiguous
block of memory, it is necessary to transfer the non-contiguous
checkpoint into a contiguous block of memory in the CPU.
Therefore, an intuitive first step is to serialize the checkpoint
into compact byte objects, treating them as data blocks to



be subsequently encoded. However, serialization can incur
significant overhead [19], as shown in the examples in Fig. 4,
constituting a significant proportion of the overall checkpoint-
ing time. Notably, as the aggregated bandwidth to remote
storage increases, the relative serialization overhead grows in
comparison to the overall checkpointing time, as transferring
the checkpoint takes less time while the serialization time
remains unchanged. Furthermore, when encoding after seri-
alization, the process of serialization is on the critical path
of checkpointing, which cannot be executed with encoding in
a pipelined manner. Given these limitations, a serialization-
free encoding and decoding approach is more desirable for
processing the checkpoint.

Challenge 2: Minimizing the overhead incurred by era-
sure coding. Erasure coding inevitably introduces additional
computation and communication overhead. If the overhead
significantly hinders training throughput or reduces check-
pointing frequency, the approach becomes less appealing. For-
tunately, existing research has developed techniques to accel-
erate encoding and decoding, achieving impressive throughput
exceeding 40 Gbps [38]. Additionally, communication dur-
ing distributed training typically follows predictable patterns
[29]. For example, in tensor parallelism, the communication
involves frequent all-gather and reduce-scatter operations to
reconstruct full tensors or aggregate partial computations; in
pipeline parallelism, the communication resembles a pipeline,
with activations flowing forward and gradients flowing back-
ward between adjacent stages, and an all-reduce operation
is applied at the end of a mini-batch to update gradients.
Many idle network time slots exist during distributed training
[29], e.g., in tensor parallelism, idle time occurs between
consecutive all-gather or reduce-scatter operations; in pipeline
parallelism, network idling happens when some stages are
under computation while others are waiting for data. They can
be utilized for the communication incurred by erasure coding,
reducing its interference with the training process. We propose
several optimization techniques to minimize the computation
and communication overhead introduced by erasure coding,
developing robust and efficient in-memory checkpointing so-
lutions that exploit the advantages of erasure coding while
mitigating potential overheads.

III. ECCHECK

A. Overview

We propose ECCHECK, an in-memory checkpointing sys-
tem that utilizes erasure coding. As illustrated in Fig. 5,
ECCHECK adopts an erasure coding-based in-memory check-
pointing scheme. All training nodes follow 4 steps during
checkpointing. First, each worker (on a GPU) offloads the
tensor data (i.e., GPU states, including model and optimizer
states) onto CPU memory (step 1), also known as CUDA
DtoH copy. Upon completion, training continues. The fol-
lowing steps are executed asynchronously. After offloading,
all checkpoint data resides in CPU memory, where the CPU
performs encoding, according to the encoding protocol (step

GPU 1 GPU N…

CPU
1

2

4

GPU 1 GPU N…

CPU

GPU NGPU 1 …

CPU

GPU NGPU 1 …

CPU

3 remote
persistent
storage

node 0 node 1

node n-2 node n-1
offloading encoding communication low-frequency 

persisting1

1

1 1

2

2

22

3 4

…

…

Fig. 5: Checkpointing architecture of ECCHECK.
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<latexit sha1_base64="qhSyRAbytxmDoE4kkUiKsrmdhmY=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ7c+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKcbjfA=</latexit>

d0

<latexit sha1_base64="sXDKOLXq1T9pS4oxKMGeKi13N38=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ68+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKigjfE=</latexit>

d1

<latexit sha1_base64="x36iv2G3lMdvL2wslGOuiWHCIPU=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9Hw2Z9WK25DXcBtE68gtSgQGdY/RpECckElYZwrHXfc1MT5FgZRjidVQaZpikmEzyifUslFlQH+eLYGbqwSoTiRNmSBi3U3xM5FlpPRWg7BTZjverNxf+8fmbi6yBnMs0MlWS5KM44Mgmaf44ipigxfGoJJorZWxEZY4WJsflUbAje6svrpNtseK1G675Za98UcZThDM7hEjy4gjbcQQd8IMDgGV7hzZHOi/PufCxbS04xcwp/4Hz+AKoljfI=</latexit>

d2

<latexit sha1_base64="K5l8PctPU5dD9W3o28i5ioWN8IE=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LLaCp5JUqB6LXjxWMG2hDWWz2bRLN5uwuxFK6G/w4kERr/4gb/4bt2kO2vpg4PHeDDPz/IQzpW372yptbG5t75R3K3v7B4dH1eOTropTSahLYh7Lvo8V5UxQVzPNaT+RFEc+pz1/erfwe09UKhaLRz1LqBfhsWAhI1gbya0Ho6v6qFqzG3YOtE6cgtSgQGdU/RoGMUkjKjThWKmBYyfay7DUjHA6rwxTRRNMpnhMB4YKHFHlZfmxc3RhlACFsTQlNMrV3xMZjpSaRb7pjLCeqFVvIf7nDVId3ngZE0mqqSDLRWHKkY7R4nMUMEmJ5jNDMJHM3IrIBEtMtMmnYkJwVl9eJ91mw2k1Wg/NWvu2iKMMZ3AOl+DANbThHjrgAgEGz/AKb5awXqx362PZWrKKmVP4A+vzB6uqjfM=</latexit>

d3

Step 1: Encoding Step 2: XOR reduction Step 3: P2P communication Done!

<latexit sha1_base64="CuHc1vSQY/zZ4cfTO/gFB+lXWgA=">AAAB8nicbVBNT8JAEN3iF+IX6tHLRjDxRFoO6JHoxSMmgiTQNNvtFDZsd5vdrQlp+BlePGiMV3+NN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTnpaZotClkkvVD4kGzgR0DTMc+qkCkoQcHsPJ7dx/fAKlmRQPZpqCn5CRYDGjxFhpUIcg97xZFLj1oFpzG+4CeJ14BamhAp2g+jWMJM0SEIZyovXAc1Pj50QZRjnMKsNMQ0rohIxgYKkgCWg/X5w8wxdWiXAslS1h8EL9PZGTROtpEtrOhJixXvXm4n/eIDPxtZ8zkWYGBF0uijOOjcTz/3HEFFDDp5YQqpi9FdMxUYQam1LFhuCtvrxOes2G12q07pu19k0RRxmdoXN0iTx0hdroDnVQF1Ek0TN6RW+OcV6cd+dj2VpyiplT9AfO5w/JPpBK</latexit>

e11d0

<latexit sha1_base64="P4FbMtTKzoWzi3dX/dIKaC6FqSg=">AAAB8nicbVBNT8JAEN3iF+IX6tHLRjDxRFoO6JHoxSMmgiTQNNvtFDZsd5vdrQlp+BlePGiMV3+NN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTnpaZotClkkvVD4kGzgR0DTMc+qkCkoQcHsPJ7dx/fAKlmRQPZpqCn5CRYDGjxFhpUIcg97xZFHj1oFpzG+4CeJ14BamhAp2g+jWMJM0SEIZyovXAc1Pj50QZRjnMKsNMQ0rohIxgYKkgCWg/X5w8wxdWiXAslS1h8EL9PZGTROtpEtrOhJixXvXm4n/eIDPxtZ8zkWYGBF0uijOOjcTz/3HEFFDDp5YQqpi9FdMxUYQam1LFhuCtvrxOes2G12q07pu19k0RRxmdoXN0iTx0hdroDnVQF1Ek0TN6RW+OcV6cd+dj2VpyiplT9AfO5w/Kw5BL</latexit>

e11d1

<latexit sha1_base64="4c7x7LbNcpgtiJTnE1yyQnc7j9E=">AAAB8nicbVBNS8NAEN3Ur1q/qh69LLaCp5LkUD0WvXisYGshDWGzmbRLN5uwuxFK6M/w4kERr/4ab/4bt20O2vpg4PHeDDPzwowzpW3726psbG5t71R3a3v7B4dH9eOTvkpzSaFHU57KQUgUcCagp5nmMMgkkCTk8BhObuf+4xNIxVLxoKcZ+AkZCRYzSrSRvCYEhePOosBtBvWG3bIXwOvEKUkDlegG9a9hlNI8AaEpJ0p5jp1pvyBSM8phVhvmCjJCJ2QEnqGCJKD8YnHyDF8YJcJxKk0JjRfq74mCJEpNk9B0JkSP1ao3F//zvFzH137BRJZrEHS5KM451ime/48jJoFqPjWEUMnMrZiOiSRUm5RqJgRn9eV10ndbTrvVvncbnZsyjio6Q+foEjnoCnXQHeqiHqIoRc/oFb1Z2nqx3q2PZWvFKmdO0R9Ynz/N0ZBN</latexit>
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<latexit sha1_base64="jJwWVve2ojTnS6T7F5VzIlO82Rs=">AAAB8nicbVBNS8NAEJ3Ur1q/qh69BFvBU0kqVI9FLx4r2A9IQ9hsNu3SzW7Y3Qgl9Gd48aCIV3+NN/+N2zYHbX0w8Hhvhpl5Ycqo0o7zbZU2Nre2d8q7lb39g8Oj6vFJT4lMYtLFggk5CJEijHLS1VQzMkglQUnISD+c3M39/hORigr+qKcp8RM04jSmGGkjeXUS5G5zFgVX9aBacxrOAvY6cQtSgwKdoPo1jATOEsI1Zkgpz3VS7edIaooZmVWGmSIpwhM0Ip6hHCVE+fni5Jl9YZTIjoU0xbW9UH9P5ChRapqEpjNBeqxWvbn4n+dlOr7xc8rTTBOOl4vijNla2PP/7YhKgjWbGoKwpOZWG4+RRFiblComBHf15XXSazbcVqP10Ky1b4s4ynAG53AJLlxDG+6hA13AIOAZXuHN0taL9W59LFtLVjFzCn9gff4Az1aQTg==</latexit>
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<latexit sha1_base64="NKpHamGjiIQODcvYVZoXJcb53O8=">AAAB8nicbVBNT8JAEN3iF+IX6tHLRjDxRFoO6JHoxSMmgiTQNNvtFjZsd5vdqQlp+BlePGiMV3+NN/+NC/Sg4EsmeXlvJjPzwlRwA6777ZQ2Nre2d8q7lb39g8Oj6vFJz6hMU9alSijdD4lhgkvWBQ6C9VPNSBIK9hhObuf+4xPThiv5ANOU+QkZSR5zSsBKgzoL8qY3iwK3HlRrbsNdAK8TryA1VKATVL+GkaJZwiRQQYwZeG4Kfk40cCrYrDLMDEsJnZARG1gqScKMny9OnuELq0Q4VtqWBLxQf0/kJDFmmoS2MyEwNqveXPzPG2QQX/s5l2kGTNLlojgTGBSe/48jrhkFMbWEUM3trZiOiSYUbEoVG4K3+vI66TUbXqvRum/W2jdFHGV0hs7RJfLQFWqjO9RBXUSRQs/oFb054Lw4787HsrXkFDOn6A+czx/KyJBL</latexit>

e21d0

<latexit sha1_base64="9m9G7IaXtjmwFXkSA+0fRmFL1eI=">AAAB8nicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmgiTQNNvtFjZsd5vdrQlp+BlePGiMV3+NN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTnpaZIrRLJJeqH2JNORO0a5jhtJ8qipOQ08dwcjv3H5+o0kyKBzNNqZ/gkWAxI9hYaVCnQd70ZlHg1YNqzW24C6B14hWkBgU6QfVrGEmSJVQYwrHWA89NjZ9jZRjhdFYZZpqmmEzwiA4sFTih2s8XJ8/QhVUiFEtlSxi0UH9P5DjRepqEtjPBZqxXvbn4nzfITHzt50ykmaGCLBfFGUdGovn/KGKKEsOnlmCimL0VkTFWmBibUsWG4K2+vE56zYbXarTum7X2TRFHGc7gHC7Bgytowx10oAsEJDzDK7w5xnlx3p2PZWvJKWZO4Q+czx/MTZBM</latexit>

e21d1

<latexit sha1_base64="OOudSbJdgMnZRHf1pwX05xFMZM4=">AAAB8nicbVBNS8NAEJ3Ur1q/qh69LLaCp5LkUD0WvXisYGshDWGz2bRLN9mwuxFK6M/w4kERr/4ab/4bt20O2vpg4PHeDDPzwowzpW3726psbG5t71R3a3v7B4dH9eOTvhK5JLRHBBdyEGJFOUtpTzPN6SCTFCchp4/h5HbuPz5RqZhIH/Q0o36CRymLGcHaSF6TBoXrzqLAbQb1ht2yF0DrxClJA0p0g/rXMBIkT2iqCcdKeY6dab/AUjPC6aw2zBXNMJngEfUMTXFClV8sTp6hC6NEKBbSVKrRQv09UeBEqWkSms4E67Fa9ebif56X6/jaL1ia5ZqmZLkozjnSAs3/RxGTlGg+NQQTycytiIyxxESblGomBGf15XXSd1tOu9W+dxudmzKOKpzBOVyCA1fQgTvoQg8ICHiGV3iztPVivVsfy9aKVc6cwh9Ynz/PW5BO</latexit>

e22d2

<latexit sha1_base64="qgar6/KuxloWKeSjUnY2iLSFMp0=">AAAB8nicbVBNS8NAEN3Ur1q/qh69BFvBU0kqVI9FLx4r2A9IQ9hsNu3SzW7YnQgl9Gd48aCIV3+NN/+N2zYHbX0w8Hhvhpl5YcqZBsf5tkobm1vbO+Xdyt7+weFR9fikp2WmCO0SyaUahFhTzgTtAgNOB6miOAk57YeTu7nff6JKMykeYZpSP8EjwWJGMBjJq9MgbzZnUXBVD6o1p+EsYK8TtyA1VKATVL+GkSRZQgUQjrX2XCcFP8cKGOF0VhlmmqaYTPCIeoYKnFDt54uTZ/aFUSI7lsqUAHuh/p7IcaL1NAlNZ4JhrFe9ufif52UQ3/g5E2kGVJDlojjjNkh7/r8dMUUJ8KkhmChmbrXJGCtMwKRUMSG4qy+vk16z4bYarYdmrX1bxFFGZ+gcXSIXXaM2ukcd1EUESfSMXtGbBdaL9W59LFtLVjFziv7A+vwB0OCQTw==</latexit>

e22d3

<latexit sha1_base64="CuHc1vSQY/zZ4cfTO/gFB+lXWgA=">AAAB8nicbVBNT8JAEN3iF+IX6tHLRjDxRFoO6JHoxSMmgiTQNNvtFDZsd5vdrQlp+BlePGiMV3+NN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTnpaZotClkkvVD4kGzgR0DTMc+qkCkoQcHsPJ7dx/fAKlmRQPZpqCn5CRYDGjxFhpUIcg97xZFLj1oFpzG+4CeJ14BamhAp2g+jWMJM0SEIZyovXAc1Pj50QZRjnMKsNMQ0rohIxgYKkgCWg/X5w8wxdWiXAslS1h8EL9PZGTROtpEtrOhJixXvXm4n/eIDPxtZ8zkWYGBF0uijOOjcTz/3HEFFDDp5YQqpi9FdMxUYQam1LFhuCtvrxOes2G12q07pu19k0RRxmdoXN0iTx0hdroDnVQF1Ek0TN6RW+OcV6cd+dj2VpyiplT9AfO5w/JPpBK</latexit>

e11d0
<latexit sha1_base64="NKpHamGjiIQODcvYVZoXJcb53O8=">AAAB8nicbVBNT8JAEN3iF+IX6tHLRjDxRFoO6JHoxSMmgiTQNNvtFjZsd5vdqQlp+BlePGiMV3+NN/+NC/Sg4EsmeXlvJjPzwlRwA6777ZQ2Nre2d8q7lb39g8Oj6vFJz6hMU9alSijdD4lhgkvWBQ6C9VPNSBIK9hhObuf+4xPThiv5ANOU+QkZSR5zSsBKgzoL8qY3iwK3HlRrbsNdAK8TryA1VKATVL+GkaJZwiRQQYwZeG4Kfk40cCrYrDLMDEsJnZARG1gqScKMny9OnuELq0Q4VtqWBLxQf0/kJDFmmoS2MyEwNqveXPzPG2QQX/s5l2kGTNLlojgTGBSe/48jrhkFMbWEUM3trZiOiSYUbEoVG4K3+vI66TUbXqvRum/W2jdFHGV0hs7RJfLQFWqjO9RBXUSRQs/oFb054Lw4787HsrXkFDOn6A+czx/KyJBL</latexit>

e21d0

<latexit sha1_base64="P4FbMtTKzoWzi3dX/dIKaC6FqSg=">AAAB8nicbVBNT8JAEN3iF+IX6tHLRjDxRFoO6JHoxSMmgiTQNNvtFDZsd5vdrQlp+BlePGiMV3+NN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTnpaZotClkkvVD4kGzgR0DTMc+qkCkoQcHsPJ7dx/fAKlmRQPZpqCn5CRYDGjxFhpUIcg97xZFHj1oFpzG+4CeJ14BamhAp2g+jWMJM0SEIZyovXAc1Pj50QZRjnMKsNMQ0rohIxgYKkgCWg/X5w8wxdWiXAslS1h8EL9PZGTROtpEtrOhJixXvXm4n/eIDPxtZ8zkWYGBF0uijOOjcTz/3HEFFDDp5YQqpi9FdMxUYQam1LFhuCtvrxOes2G12q07pu19k0RRxmdoXN0iTx0hdroDnVQF1Ek0TN6RW+OcV6cd+dj2VpyiplT9AfO5w/Kw5BL</latexit>

e11d1
<latexit sha1_base64="9m9G7IaXtjmwFXkSA+0fRmFL1eI=">AAAB8nicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmgiTQNNvtFjZsd5vdrQlp+BlePGiMV3+NN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTnpaZIrRLJJeqH2JNORO0a5jhtJ8qipOQ08dwcjv3H5+o0kyKBzNNqZ/gkWAxI9hYaVCnQd70ZlHg1YNqzW24C6B14hWkBgU6QfVrGEmSJVQYwrHWA89NjZ9jZRjhdFYZZpqmmEzwiA4sFTih2s8XJ8/QhVUiFEtlSxi0UH9P5DjRepqEtjPBZqxXvbn4nzfITHzt50ykmaGCLBfFGUdGovn/KGKKEsOnlmCimL0VkTFWmBibUsWG4K2+vE56zYbXarTum7X2TRFHGc7gHC7Bgytowx10oAsEJDzDK7w5xnlx3p2PZWvJKWZO4Q+czx/MTZBM</latexit>

e21d1

<latexit sha1_base64="4c7x7LbNcpgtiJTnE1yyQnc7j9E=">AAAB8nicbVBNS8NAEN3Ur1q/qh69LLaCp5LkUD0WvXisYGshDWGzmbRLN5uwuxFK6M/w4kERr/4ab/4bt20O2vpg4PHeDDPzwowzpW3726psbG5t71R3a3v7B4dH9eOTvkpzSaFHU57KQUgUcCagp5nmMMgkkCTk8BhObuf+4xNIxVLxoKcZ+AkZCRYzSrSRvCYEhePOosBtBvWG3bIXwOvEKUkDlegG9a9hlNI8AaEpJ0p5jp1pvyBSM8phVhvmCjJCJ2QEnqGCJKD8YnHyDF8YJcJxKk0JjRfq74mCJEpNk9B0JkSP1ao3F//zvFzH137BRJZrEHS5KM451ime/48jJoFqPjWEUMnMrZiOiSRUm5RqJgRn9eV10ndbTrvVvncbnZsyjio6Q+foEjnoCnXQHeqiHqIoRc/oFb1Z2nqx3q2PZWvFKmdO0R9Ynz/N0ZBN</latexit>

e12d2
<latexit sha1_base64="OOudSbJdgMnZRHf1pwX05xFMZM4=">AAAB8nicbVBNS8NAEJ3Ur1q/qh69LLaCp5LkUD0WvXisYGshDWGz2bRLN9mwuxFK6M/w4kERr/4ab/4bt20O2vpg4PHeDDPzwowzpW3726psbG5t71R3a3v7B4dH9eOTvhK5JLRHBBdyEGJFOUtpTzPN6SCTFCchp4/h5HbuPz5RqZhIH/Q0o36CRymLGcHaSF6TBoXrzqLAbQb1ht2yF0DrxClJA0p0g/rXMBIkT2iqCcdKeY6dab/AUjPC6aw2zBXNMJngEfUMTXFClV8sTp6hC6NEKBbSVKrRQv09UeBEqWkSms4E67Fa9ebif56X6/jaL1ia5ZqmZLkozjnSAs3/RxGTlGg+NQQTycytiIyxxESblGomBGf15XXSd1tOu9W+dxudmzKOKpzBOVyCA1fQgTvoQg8ICHiGV3iztPVivVsfy9aKVc6cwh9Ynz/PW5BO</latexit>

e22d2

<latexit sha1_base64="jJwWVve2ojTnS6T7F5VzIlO82Rs=">AAAB8nicbVBNS8NAEJ3Ur1q/qh69BFvBU0kqVI9FLx4r2A9IQ9hsNu3SzW7Y3Qgl9Gd48aCIV3+NN/+N2zYHbX0w8Hhvhpl5Ycqo0o7zbZU2Nre2d8q7lb39g8Oj6vFJT4lMYtLFggk5CJEijHLS1VQzMkglQUnISD+c3M39/hORigr+qKcp8RM04jSmGGkjeXUS5G5zFgVX9aBacxrOAvY6cQtSgwKdoPo1jATOEsI1Zkgpz3VS7edIaooZmVWGmSIpwhM0Ip6hHCVE+fni5Jl9YZTIjoU0xbW9UH9P5ChRapqEpjNBeqxWvbn4n+dlOr7xc8rTTBOOl4vijNla2PP/7YhKgjWbGoKwpOZWG4+RRFiblComBHf15XXSazbcVqP10Ky1b4s4ynAG53AJLlxDG+6hA13AIOAZXuHN0taL9W59LFtLVjFzCn9gff4Az1aQTg==</latexit>

e12d3
<latexit sha1_base64="qgar6/KuxloWKeSjUnY2iLSFMp0=">AAAB8nicbVBNS8NAEN3Ur1q/qh69BFvBU0kqVI9FLx4r2A9IQ9hsNu3SzW7YnQgl9Gd48aCIV3+NN/+N2zYHbX0w8Hhvhpl5YcqZBsf5tkobm1vbO+Xdyt7+weFR9fikp2WmCO0SyaUahFhTzgTtAgNOB6miOAk57YeTu7nff6JKMykeYZpSP8EjwWJGMBjJq9MgbzZnUXBVD6o1p+EsYK8TtyA1VKATVL+GkSRZQgUQjrX2XCcFP8cKGOF0VhlmmqaYTPCIeoYKnFDt54uTZ/aFUSI7lsqUAHuh/p7IcaL1NAlNZ4JhrFe9ufif52UQ3/g5E2kGVJDlojjjNkh7/r8dMUUJ8KkhmChmbrXJGCtMwKRUMSG4qy+vk16z4bYarYdmrX1bxFFGZ+gcXSIXXaM2ukcd1EUESfSMXtGbBdaL9W59LFtLVjFziv7A+vwB0OCQTw==</latexit>

e22d3

<latexit sha1_base64="5j5ghqjw/zIrLGGTe7CL1VSgtkQ=">AAAB7HicbVA9TwJBEJ3DL8Qv1NJmI5hYkTsKtCTaWGLiIQlcyN4yBxv29i67eyaE8BtsLDTG1h9k579xgSsUfMkkL+/NZGZemAqujet+O4WNza3tneJuaW//4PCofHzS1kmmGPosEYnqhFSj4BJ9w43ATqqQxqHAx3B8O/cfn1BpnsgHM0kxiOlQ8ogzaqzkV9O+W+2XK27NXYCsEy8nFcjR6pe/eoOEZTFKwwTVuuu5qQmmVBnOBM5KvUxjStmYDrFrqaQx6mC6OHZGLqwyIFGibElDFurviSmNtZ7Eoe2MqRnpVW8u/ud1MxNdB1Mu08ygZMtFUSaIScj8czLgCpkRE0soU9zeStiIKsqMzadkQ/BWX14n7XrNa9Qa9/VK8yaPowhncA6X4MEVNOEOWuADAw7P8ApvjnRenHfnY9lacPKZU/gD5/MHuW+N/A==</latexit>p0

<latexit sha1_base64="3cuI0YV4B8KQd/g5KYYUjpUO9to=">AAAB7HicbVA9TwJBEJ3DL8Qv1NJmI5hYkTsKtCTaWGLiIQlcyN6yBxv29i67cyaE8BtsLDTG1h9k579xgSsUfMkkL+/NZGZemEph0HW/ncLG5tb2TnG3tLd/cHhUPj5pmyTTjPsskYnuhNRwKRT3UaDknVRzGoeSP4bj27n/+MS1EYl6wEnKg5gOlYgEo2glv5r2vWq/XHFr7gJknXg5qUCOVr/81RskLIu5QiapMV3PTTGYUo2CST4r9TLDU8rGdMi7lioacxNMF8fOyIVVBiRKtC2FZKH+npjS2JhJHNrOmOLIrHpz8T+vm2F0HUyFSjPkii0XRZkkmJD552QgNGcoJ5ZQpoW9lbAR1ZShzadkQ/BWX14n7XrNa9Qa9/VK8yaPowhncA6X4MEVNOEOWuADAwHP8ApvjnJenHfnY9lacPKZU/gD5/MHuvSN/Q==</latexit>p1

<latexit sha1_base64="H+uabJbFNx/CXCpeEwLDA11caso=">AAAB7HicbVA9TwJBEJ3DL8Qv1NJmI5hYkTsKtCTaWGLiIQlcyN4ywIa9vcvungm58BtsLDTG1h9k579xgSsUfMkkL+/NZGZemAiujet+O4WNza3tneJuaW//4PCofHzS1nGqGPosFrHqhFSj4BJ9w43ATqKQRqHAx3ByO/cfn1BpHssHM00wiOhI8iFn1FjJryb9erVfrrg1dwGyTrycVCBHq1/+6g1ilkYoDRNU667nJibIqDKcCZyVeqnGhLIJHWHXUkkj1EG2OHZGLqwyIMNY2ZKGLNTfExmNtJ5Goe2MqBnrVW8u/ud1UzO8DjIuk9SgZMtFw1QQE5P552TAFTIjppZQpri9lbAxVZQZm0/JhuCtvrxO2vWa16g17uuV5k0eRxHO4BwuwYMraMIdtMAHBhye4RXeHOm8OO/Ox7K14OQzp/AHzucPvHmN/g==</latexit>p2

<latexit sha1_base64="6Jny6SMnjNX08+cfFDtl5ELSdLA=">AAAB7HicbVBNTwIxEJ3FL8Qv1KOXRjDxRHYxQY9ELx4xcYEENqRbutDQ7TZt14Rs+A1ePGiMV3+QN/+NBfag4EsmeXlvJjPzQsmZNq777RQ2Nre2d4q7pb39g8Oj8vFJWyepItQnCU9UN8Saciaob5jhtCsVxXHIaSec3M39zhNVmiXi0UwlDWI8EixiBBsr+VU5uKoOyhW35i6A1omXkwrkaA3KX/1hQtKYCkM41rrnudIEGVaGEU5npX6qqcRkgke0Z6nAMdVBtjh2hi6sMkRRomwJgxbq74kMx1pP49B2xtiM9ao3F//zeqmJboKMCZkaKshyUZRyZBI0/xwNmaLE8KklmChmb0VkjBUmxuZTsiF4qy+vk3a95jVqjYd6pXmbx1GEMziHS/DgGppwDy3wgQCDZ3iFN0c4L86787FsLTj5zCn8gfP5A73+jf8=</latexit>p3

<latexit sha1_base64="5j5ghqjw/zIrLGGTe7CL1VSgtkQ=">AAAB7HicbVA9TwJBEJ3DL8Qv1NJmI5hYkTsKtCTaWGLiIQlcyN4yBxv29i67eyaE8BtsLDTG1h9k579xgSsUfMkkL+/NZGZemAqujet+O4WNza3tneJuaW//4PCofHzS1kmmGPosEYnqhFSj4BJ9w43ATqqQxqHAx3B8O/cfn1BpnsgHM0kxiOlQ8ogzaqzkV9O+W+2XK27NXYCsEy8nFcjR6pe/eoOEZTFKwwTVuuu5qQmmVBnOBM5KvUxjStmYDrFrqaQx6mC6OHZGLqwyIFGibElDFurviSmNtZ7Eoe2MqRnpVW8u/ud1MxNdB1Mu08ygZMtFUSaIScj8czLgCpkRE0soU9zeStiIKsqMzadkQ/BWX14n7XrNa9Qa9/VK8yaPowhncA6X4MEVNOEOWuADAw7P8ApvjnRenHfnY9lacPKZU/gD5/MHuW+N/A==</latexit>p0
<latexit sha1_base64="3cuI0YV4B8KQd/g5KYYUjpUO9to=">AAAB7HicbVA9TwJBEJ3DL8Qv1NJmI5hYkTsKtCTaWGLiIQlcyN6yBxv29i67cyaE8BtsLDTG1h9k579xgSsUfMkkL+/NZGZemEph0HW/ncLG5tb2TnG3tLd/cHhUPj5pmyTTjPsskYnuhNRwKRT3UaDknVRzGoeSP4bj27n/+MS1EYl6wEnKg5gOlYgEo2glv5r2vWq/XHFr7gJknXg5qUCOVr/81RskLIu5QiapMV3PTTGYUo2CST4r9TLDU8rGdMi7lioacxNMF8fOyIVVBiRKtC2FZKH+npjS2JhJHNrOmOLIrHpz8T+vm2F0HUyFSjPkii0XRZkkmJD552QgNGcoJ5ZQpoW9lbAR1ZShzadkQ/BWX14n7XrNa9Qa9/VK8yaPowhncA6X4MEVNOEOWuADAwHP8ApvjnJenHfnY9lacPKZU/gD5/MHuvSN/Q==</latexit>p1

<latexit sha1_base64="H+uabJbFNx/CXCpeEwLDA11caso=">AAAB7HicbVA9TwJBEJ3DL8Qv1NJmI5hYkTsKtCTaWGLiIQlcyN4ywIa9vcvungm58BtsLDTG1h9k579xgSsUfMkkL+/NZGZemAiujet+O4WNza3tneJuaW//4PCofHzS1nGqGPosFrHqhFSj4BJ9w43ATqKQRqHAx3ByO/cfn1BpHssHM00wiOhI8iFn1FjJryb9erVfrrg1dwGyTrycVCBHq1/+6g1ilkYoDRNU667nJibIqDKcCZyVeqnGhLIJHWHXUkkj1EG2OHZGLqwyIMNY2ZKGLNTfExmNtJ5Goe2MqBnrVW8u/ud1UzO8DjIuk9SgZMtFw1QQE5P552TAFTIjppZQpri9lbAxVZQZm0/JhuCtvrxO2vWa16g17uuV5k0eRxHO4BwuwYMraMIdtMAHBhye4RXeHOm8OO/Ox7K14OQzp/AHzucPvHmN/g==</latexit>p2
<latexit sha1_base64="6Jny6SMnjNX08+cfFDtl5ELSdLA=">AAAB7HicbVBNTwIxEJ3FL8Qv1KOXRjDxRHYxQY9ELx4xcYEENqRbutDQ7TZt14Rs+A1ePGiMV3+QN/+NBfag4EsmeXlvJjPzQsmZNq777RQ2Nre2d4q7pb39g8Oj8vFJWyepItQnCU9UN8Saciaob5jhtCsVxXHIaSec3M39zhNVmiXi0UwlDWI8EixiBBsr+VU5uKoOyhW35i6A1omXkwrkaA3KX/1hQtKYCkM41rrnudIEGVaGEU5npX6qqcRkgke0Z6nAMdVBtjh2hi6sMkRRomwJgxbq74kMx1pP49B2xtiM9ao3F//zeqmJboKMCZkaKshyUZRyZBI0/xwNmaLE8KklmChmb0VkjBUmxuZTsiF4qy+vk3a95jVqjYd6pXmbx1GEMziHS/DgGppwDy3wgQCDZ3iFN0c4L86787FsLTj5zCn8gfP5A73+jf8=</latexit>p3

<latexit sha1_base64="qhSyRAbytxmDoE4kkUiKsrmdhmY=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ7c+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKcbjfA=</latexit>

d0

<latexit sha1_base64="sXDKOLXq1T9pS4oxKMGeKi13N38=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ68+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKigjfE=</latexit>
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Fig. 6: ECCHECK: example of checkpointing.

2). Then the encoded chunks are transferred to other nodes
following a predetermined communication strategy (step 3).
After that, each node stores enough coded checkpoint chunks
to ensure that any subset of them can recover the original
checkpoint data. Additionally, all checkpoint data are trans-
ferred to a remote storage at a low frequency (step 4) to
counter catastrophic failures in which surviving nodes cannot
recover the original checkpoint.

ECCHECK can be applied to a distributed training sys-
tem using any type of parallelism. Since data parallelism
naturally provides model replicas, ECCHECK is more useful
with pipeline-parallel, tensor-parallel, and fully sharded data
parallel (FSDP) training, where no full replicas are available
for checkpoint recovery. In distributed training, each worker
maintains a sharded state_dict of the model, which is the
data to be checkpointed. The sharding of state_dict is
determined by the specific parallelism strategy of choice. In
tensor parallelism, state_dict is sharded across devices
based on tensor dimensions, with each shard containing a
portion of the model’s parameters, typically split along the
hidden dimension for linear layers and attention heads for
transformer models. In pipeline parallelism, state_dict is
sharded by model layers, with each shard containing the pa-
rameters of one or more consecutive layers of the model. Each
shard typically includes model parameters, optimizer states,
and other necessary training metadata specific to that portion
of the model. ECCHECK utilizes erasure coding to encode
the sharded state_dict at each node, and the encoded
dictionary is referred to as encoded_state_dict.

B. Design Principle

We abstract each sharded state_dict (i.e., the check-
point) on each worker as a data packet. Consider n nodes in a
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<latexit sha1_base64="6Jny6SMnjNX08+cfFDtl5ELSdLA=">AAAB7HicbVBNTwIxEJ3FL8Qv1KOXRjDxRHYxQY9ELx4xcYEENqRbutDQ7TZt14Rs+A1ePGiMV3+QN/+NBfag4EsmeXlvJjPzQsmZNq777RQ2Nre2d4q7pb39g8Oj8vFJWyepItQnCU9UN8Saciaob5jhtCsVxXHIaSec3M39zhNVmiXi0UwlDWI8EixiBBsr+VU5uKoOyhW35i6A1omXkwrkaA3KX/1hQtKYCkM41rrnudIEGVaGEU5npX6qqcRkgke0Z6nAMdVBtjh2hi6sMkRRomwJgxbq74kMx1pP49B2xtiM9ao3F//zeqmJboKMCZkaKshyUZRyZBI0/xwNmaLE8KklmChmb0VkjBUmxuZTsiF4qy+vk3a95jVqjYd6pXmbx1GEMziHS/DgGppwDy3wgQCDZ3iFN0c4L86787FsLTj5zCn8gfP5A73+jf8=</latexit>p3

<latexit sha1_base64="5j5ghqjw/zIrLGGTe7CL1VSgtkQ=">AAAB7HicbVA9TwJBEJ3DL8Qv1NJmI5hYkTsKtCTaWGLiIQlcyN4yBxv29i67eyaE8BtsLDTG1h9k579xgSsUfMkkL+/NZGZemAqujet+O4WNza3tneJuaW//4PCofHzS1kmmGPosEYnqhFSj4BJ9w43ATqqQxqHAx3B8O/cfn1BpnsgHM0kxiOlQ8ogzaqzkV9O+W+2XK27NXYCsEy8nFcjR6pe/eoOEZTFKwwTVuuu5qQmmVBnOBM5KvUxjStmYDrFrqaQx6mC6OHZGLqwyIFGibElDFurviSmNtZ7Eoe2MqRnpVW8u/ud1MxNdB1Mu08ygZMtFUSaIScj8czLgCpkRE0soU9zeStiIKsqMzadkQ/BWX14n7XrNa9Qa9/VK8yaPowhncA6X4MEVNOEOWuADAw7P8ApvjnRenHfnY9lacPKZU/gD5/MHuW+N/A==</latexit>p0

<latexit sha1_base64="x36iv2G3lMdvL2wslGOuiWHCIPU=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9Hw2Z9WK25DXcBtE68gtSgQGdY/RpECckElYZwrHXfc1MT5FgZRjidVQaZpikmEzyifUslFlQH+eLYGbqwSoTiRNmSBi3U3xM5FlpPRWg7BTZjverNxf+8fmbi6yBnMs0MlWS5KM44Mgmaf44ipigxfGoJJorZWxEZY4WJsflUbAje6svrpNtseK1G675Za98UcZThDM7hEjy4gjbcQQd8IMDgGV7hzZHOi/PufCxbS04xcwp/4Hz+AKoljfI=</latexit>

d2

<latexit sha1_base64="K5l8PctPU5dD9W3o28i5ioWN8IE=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LLaCp5JUqB6LXjxWMG2hDWWz2bRLN5uwuxFK6G/w4kERr/4gb/4bt2kO2vpg4PHeDDPz/IQzpW372yptbG5t75R3K3v7B4dH1eOTropTSahLYh7Lvo8V5UxQVzPNaT+RFEc+pz1/erfwe09UKhaLRz1LqBfhsWAhI1gbya0Ho6v6qFqzG3YOtE6cgtSgQGdU/RoGMUkjKjThWKmBYyfay7DUjHA6rwxTRRNMpnhMB4YKHFHlZfmxc3RhlACFsTQlNMrV3xMZjpSaRb7pjLCeqFVvIf7nDVId3ngZE0mqqSDLRWHKkY7R4nMUMEmJ5jNDMJHM3IrIBEtMtMmnYkJwVl9eJ91mw2k1Wg/NWvu2iKMMZ3AOl+DANbThHjrgAgEGz/AKb5awXqx362PZWrKKmVP4A+vzB6uqjfM=</latexit>

d3
<latexit sha1_base64="3cuI0YV4B8KQd/g5KYYUjpUO9to=">AAAB7HicbVA9TwJBEJ3DL8Qv1NJmI5hYkTsKtCTaWGLiIQlcyN6yBxv29i67cyaE8BtsLDTG1h9k579xgSsUfMkkL+/NZGZemEph0HW/ncLG5tb2TnG3tLd/cHhUPj5pmyTTjPsskYnuhNRwKRT3UaDknVRzGoeSP4bj27n/+MS1EYl6wEnKg5gOlYgEo2glv5r2vWq/XHFr7gJknXg5qUCOVr/81RskLIu5QiapMV3PTTGYUo2CST4r9TLDU8rGdMi7lioacxNMF8fOyIVVBiRKtC2FZKH+npjS2JhJHNrOmOLIrHpz8T+vm2F0HUyFSjPkii0XRZkkmJD552QgNGcoJ5ZQpoW9lbAR1ZShzadkQ/BWX14n7XrNa9Qa9/VK8yaPowhncA6X4MEVNOEOWuADAwHP8ApvjnJenHfnY9lacPKZU/gD5/MHuvSN/Q==</latexit>p1

node 0
(data node 0)

node 1
(replaced)

(parity node 0)

node 2
(replaced)

(data node 1)

node 3
(parity node 1)

<latexit sha1_base64="H+uabJbFNx/CXCpeEwLDA11caso=">AAAB7HicbVA9TwJBEJ3DL8Qv1NJmI5hYkTsKtCTaWGLiIQlcyN4ywIa9vcvungm58BtsLDTG1h9k579xgSsUfMkkL+/NZGZemAiujet+O4WNza3tneJuaW//4PCofHzS1nGqGPosFrHqhFSj4BJ9w43ATqKQRqHAx3ByO/cfn1BpHssHM00wiOhI8iFn1FjJryb9erVfrrg1dwGyTrycVCBHq1/+6g1ilkYoDRNU667nJibIqDKcCZyVeqnGhLIJHWHXUkkj1EG2OHZGLqwyIMNY2ZKGLNTfExmNtJ5Goe2MqBnrVW8u/ud1UzO8DjIuk9SgZMtFw1QQE5P552TAFTIjppZQpri9lbAxVZQZm0/JhuCtvrxO2vWa16g17uuV5k0eRxHO4BwuwYMraMIdtMAHBhye4RXeHOm8OO/Ox7K14OQzp/AHzucPvHmN/g==</latexit>p2

<latexit sha1_base64="6Jny6SMnjNX08+cfFDtl5ELSdLA=">AAAB7HicbVBNTwIxEJ3FL8Qv1KOXRjDxRHYxQY9ELx4xcYEENqRbutDQ7TZt14Rs+A1ePGiMV3+QN/+NBfag4EsmeXlvJjPzQsmZNq777RQ2Nre2d4q7pb39g8Oj8vFJWyepItQnCU9UN8Saciaob5jhtCsVxXHIaSec3M39zhNVmiXi0UwlDWI8EixiBBsr+VU5uKoOyhW35i6A1omXkwrkaA3KX/1hQtKYCkM41rrnudIEGVaGEU5npX6qqcRkgke0Z6nAMdVBtjh2hi6sMkRRomwJgxbq74kMx1pP49B2xtiM9ao3F//zeqmJboKMCZkaKshyUZRyZBI0/xwNmaLE8KklmChmb0VkjBUmxuZTsiF4qy+vk3a95jVqjYd6pXmbx1GEMziHS/DgGppwDy3wgQCDZ3iFN0c4L86787FsLTj5zCn8gfP5A73+jf8=</latexit>p3

<latexit sha1_base64="5j5ghqjw/zIrLGGTe7CL1VSgtkQ=">AAAB7HicbVA9TwJBEJ3DL8Qv1NJmI5hYkTsKtCTaWGLiIQlcyN4yBxv29i67eyaE8BtsLDTG1h9k579xgSsUfMkkL+/NZGZemAqujet+O4WNza3tneJuaW//4PCofHzS1kmmGPosEYnqhFSj4BJ9w43ATqqQxqHAx3B8O/cfn1BpnsgHM0kxiOlQ8ogzaqzkV9O+W+2XK27NXYCsEy8nFcjR6pe/eoOEZTFKwwTVuuu5qQmmVBnOBM5KvUxjStmYDrFrqaQx6mC6OHZGLqwyIFGibElDFurviSmNtZ7Eoe2MqRnpVW8u/ud1MxNdB1Mu08ygZMtFUSaIScj8czLgCpkRE0soU9zeStiIKsqMzadkQ/BWX14n7XrNa9Qa9/VK8yaPowhncA6X4MEVNOEOWuADAw7P8ApvjnRenHfnY9lacPKZU/gD5/MHuW+N/A==</latexit>p0

<latexit sha1_base64="x36iv2G3lMdvL2wslGOuiWHCIPU=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9Hw2Z9WK25DXcBtE68gtSgQGdY/RpECckElYZwrHXfc1MT5FgZRjidVQaZpikmEzyifUslFlQH+eLYGbqwSoTiRNmSBi3U3xM5FlpPRWg7BTZjverNxf+8fmbi6yBnMs0MlWS5KM44Mgmaf44ipigxfGoJJorZWxEZY4WJsflUbAje6svrpNtseK1G675Za98UcZThDM7hEjy4gjbcQQd8IMDgGV7hzZHOi/PufCxbS04xcwp/4Hz+AKoljfI=</latexit>

d2

<latexit sha1_base64="K5l8PctPU5dD9W3o28i5ioWN8IE=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LLaCp5JUqB6LXjxWMG2hDWWz2bRLN5uwuxFK6G/w4kERr/4gb/4bt2kO2vpg4PHeDDPz/IQzpW372yptbG5t75R3K3v7B4dH1eOTropTSahLYh7Lvo8V5UxQVzPNaT+RFEc+pz1/erfwe09UKhaLRz1LqBfhsWAhI1gbya0Ho6v6qFqzG3YOtE6cgtSgQGdU/RoGMUkjKjThWKmBYyfay7DUjHA6rwxTRRNMpnhMB4YKHFHlZfmxc3RhlACFsTQlNMrV3xMZjpSaRb7pjLCeqFVvIf7nDVId3ngZE0mqqSDLRWHKkY7R4nMUMEmJ5jNDMJHM3IrIBEtMtMmnYkJwVl9eJ91mw2k1Wg/NWvu2iKMMZ3AOl+DANbThHjrgAgEGz/AKb5awXqx362PZWrKKmVP4A+vzB6uqjfM=</latexit>

d3
<latexit sha1_base64="3cuI0YV4B8KQd/g5KYYUjpUO9to=">AAAB7HicbVA9TwJBEJ3DL8Qv1NJmI5hYkTsKtCTaWGLiIQlcyN6yBxv29i67cyaE8BtsLDTG1h9k579xgSsUfMkkL+/NZGZemEph0HW/ncLG5tb2TnG3tLd/cHhUPj5pmyTTjPsskYnuhNRwKRT3UaDknVRzGoeSP4bj27n/+MS1EYl6wEnKg5gOlYgEo2glv5r2vWq/XHFr7gJknXg5qUCOVr/81RskLIu5QiapMV3PTTGYUo2CST4r9TLDU8rGdMi7lioacxNMF8fOyIVVBiRKtC2FZKH+npjS2JhJHNrOmOLIrHpz8T+vm2F0HUyFSjPkii0XRZkkmJD552QgNGcoJ5ZQpoW9lbAR1ZShzadkQ/BWX14n7XrNa9Qa9/VK8yaPowhncA6X4MEVNOEOWuADAwHP8ApvjnJenHfnY9lacPKZU/gD5/MHuvSN/Q==</latexit>p1

node 0
(data node 0)

node 1
(replaced)

(parity node 0)

node 2
(replaced)

(data node 1)

node 3
(parity node 1)

<latexit sha1_base64="H+uabJbFNx/CXCpeEwLDA11caso=">AAAB7HicbVA9TwJBEJ3DL8Qv1NJmI5hYkTsKtCTaWGLiIQlcyN4ywIa9vcvungm58BtsLDTG1h9k579xgSsUfMkkL+/NZGZemAiujet+O4WNza3tneJuaW//4PCofHzS1nGqGPosFrHqhFSj4BJ9w43ATqKQRqHAx3ByO/cfn1BpHssHM00wiOhI8iFn1FjJryb9erVfrrg1dwGyTrycVCBHq1/+6g1ilkYoDRNU667nJibIqDKcCZyVeqnGhLIJHWHXUkkj1EG2OHZGLqwyIMNY2ZKGLNTfExmNtJ5Goe2MqBnrVW8u/ud1UzO8DjIuk9SgZMtFw1QQE5P552TAFTIjppZQpri9lbAxVZQZm0/JhuCtvrxO2vWa16g17uuV5k0eRxHO4BwuwYMraMIdtMAHBhye4RXeHOm8OO/Ox7K14OQzp/AHzucPvHmN/g==</latexit>p2
<latexit sha1_base64="6Jny6SMnjNX08+cfFDtl5ELSdLA=">AAAB7HicbVBNTwIxEJ3FL8Qv1KOXRjDxRHYxQY9ELx4xcYEENqRbutDQ7TZt14Rs+A1ePGiMV3+QN/+NBfag4EsmeXlvJjPzQsmZNq777RQ2Nre2d4q7pb39g8Oj8vFJWyepItQnCU9UN8Saciaob5jhtCsVxXHIaSec3M39zhNVmiXi0UwlDWI8EixiBBsr+VU5uKoOyhW35i6A1omXkwrkaA3KX/1hQtKYCkM41rrnudIEGVaGEU5npX6qqcRkgke0Z6nAMdVBtjh2hi6sMkRRomwJgxbq74kMx1pP49B2xtiM9ao3F//zeqmJboKMCZkaKshyUZRyZBI0/xwNmaLE8KklmChmb0VkjBUmxuZTsiF4qy+vk3a95jVqjYd6pXmbx1GEMziHS/DgGppwDy3wgQCDZ3iFN0c4L86787FsLTj5zCn8gfP5A73+jf8=</latexit>p3

<latexit sha1_base64="5j5ghqjw/zIrLGGTe7CL1VSgtkQ=">AAAB7HicbVA9TwJBEJ3DL8Qv1NJmI5hYkTsKtCTaWGLiIQlcyN4yBxv29i67eyaE8BtsLDTG1h9k579xgSsUfMkkL+/NZGZemAqujet+O4WNza3tneJuaW//4PCofHzS1kmmGPosEYnqhFSj4BJ9w43ATqqQxqHAx3B8O/cfn1BpnsgHM0kxiOlQ8ogzaqzkV9O+W+2XK27NXYCsEy8nFcjR6pe/eoOEZTFKwwTVuuu5qQmmVBnOBM5KvUxjStmYDrFrqaQx6mC6OHZGLqwyIFGibElDFurviSmNtZ7Eoe2MqRnpVW8u/ud1MxNdB1Mu08ygZMtFUSaIScj8czLgCpkRE0soU9zeStiIKsqMzadkQ/BWX14n7XrNa9Qa9/VK8yaPowhncA6X4MEVNOEOWuADAw7P8ApvjnRenHfnY9lacPKZU/gD5/MHuW+N/A==</latexit>p0

<latexit sha1_base64="x36iv2G3lMdvL2wslGOuiWHCIPU=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9Hw2Z9WK25DXcBtE68gtSgQGdY/RpECckElYZwrHXfc1MT5FgZRjidVQaZpikmEzyifUslFlQH+eLYGbqwSoTiRNmSBi3U3xM5FlpPRWg7BTZjverNxf+8fmbi6yBnMs0MlWS5KM44Mgmaf44ipigxfGoJJorZWxEZY4WJsflUbAje6svrpNtseK1G675Za98UcZThDM7hEjy4gjbcQQd8IMDgGV7hzZHOi/PufCxbS04xcwp/4Hz+AKoljfI=</latexit>

d2
<latexit sha1_base64="K5l8PctPU5dD9W3o28i5ioWN8IE=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LLaCp5JUqB6LXjxWMG2hDWWz2bRLN5uwuxFK6G/w4kERr/4gb/4bt2kO2vpg4PHeDDPz/IQzpW372yptbG5t75R3K3v7B4dH1eOTropTSahLYh7Lvo8V5UxQVzPNaT+RFEc+pz1/erfwe09UKhaLRz1LqBfhsWAhI1gbya0Ho6v6qFqzG3YOtE6cgtSgQGdU/RoGMUkjKjThWKmBYyfay7DUjHA6rwxTRRNMpnhMB4YKHFHlZfmxc3RhlACFsTQlNMrV3xMZjpSaRb7pjLCeqFVvIf7nDVId3ngZE0mqqSDLRWHKkY7R4nMUMEmJ5jNDMJHM3IrIBEtMtMmnYkJwVl9eJ91mw2k1Wg/NWvu2iKMMZ3AOl+DANbThHjrgAgEGz/AKb5awXqx362PZWrKKmVP4A+vzB6uqjfM=</latexit>

d3

<latexit sha1_base64="3cuI0YV4B8KQd/g5KYYUjpUO9to=">AAAB7HicbVA9TwJBEJ3DL8Qv1NJmI5hYkTsKtCTaWGLiIQlcyN6yBxv29i67cyaE8BtsLDTG1h9k579xgSsUfMkkL+/NZGZemEph0HW/ncLG5tb2TnG3tLd/cHhUPj5pmyTTjPsskYnuhNRwKRT3UaDknVRzGoeSP4bj27n/+MS1EYl6wEnKg5gOlYgEo2glv5r2vWq/XHFr7gJknXg5qUCOVr/81RskLIu5QiapMV3PTTGYUo2CST4r9TLDU8rGdMi7lioacxNMF8fOyIVVBiRKtC2FZKH+npjS2JhJHNrOmOLIrHpz8T+vm2F0HUyFSjPkii0XRZkkmJD552QgNGcoJ5ZQpoW9lbAR1ZShzadkQ/BWX14n7XrNa9Qa9/VK8yaPowhncA6X4MEVNOEOWuADAwHP8ApvjnJenHfnY9lacPKZU/gD5/MHuvSN/Q==</latexit>p1

Step 1: P2P communication Step 2: Encoding Step 3: XOR reduction Step 4: Resuming training Step 5: P2P communication  Done! 

<latexit sha1_base64="qhSyRAbytxmDoE4kkUiKsrmdhmY=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ7c+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKcbjfA=</latexit>

d0
<latexit sha1_base64="sXDKOLXq1T9pS4oxKMGeKi13N38=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ68+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKigjfE=</latexit>

d1

<latexit sha1_base64="qhSyRAbytxmDoE4kkUiKsrmdhmY=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ7c+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKcbjfA=</latexit>

d0

<latexit sha1_base64="sXDKOLXq1T9pS4oxKMGeKi13N38=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ68+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKigjfE=</latexit>

d1

<latexit sha1_base64="sXDKOLXq1T9pS4oxKMGeKi13N38=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ68+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKigjfE=</latexit>

d1
<latexit sha1_base64="sXDKOLXq1T9pS4oxKMGeKi13N38=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ68+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKigjfE=</latexit>

d1
<latexit sha1_base64="sXDKOLXq1T9pS4oxKMGeKi13N38=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ68+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKigjfE=</latexit>

d1
<latexit sha1_base64="sXDKOLXq1T9pS4oxKMGeKi13N38=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ68+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKigjfE=</latexit>

d1

<latexit sha1_base64="sXDKOLXq1T9pS4oxKMGeKi13N38=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ68+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKigjfE=</latexit>

d1

<latexit sha1_base64="qhSyRAbytxmDoE4kkUiKsrmdhmY=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ7c+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKcbjfA=</latexit>

d0
<latexit sha1_base64="qhSyRAbytxmDoE4kkUiKsrmdhmY=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ7c+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKcbjfA=</latexit>

d0
<latexit sha1_base64="qhSyRAbytxmDoE4kkUiKsrmdhmY=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ7c+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKcbjfA=</latexit>

d0
<latexit sha1_base64="qhSyRAbytxmDoE4kkUiKsrmdhmY=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ7c+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKcbjfA=</latexit>

d0
<latexit sha1_base64="qhSyRAbytxmDoE4kkUiKsrmdhmY=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ7c+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKcbjfA=</latexit>

d0<latexit sha1_base64="JCq7+llhBfi7/TyKIWYe9HyM26s=">AAAB83icbVDLTgJBEOzFF+IL9ehlIhg9kV0O6JHoxSMm8khgs5mdbWDC7CMzsyZkw2948aAxXv0Zb/6NA+xBwUo6qVR1p7vLTwRX2ra/rcLG5tb2TnG3tLd/cHhUPj7pqDiVDNssFrHs+VSh4BG2NdcCe4lEGvoCu/7kbu53n1AqHkePepqgG9JRxIecUW2kQRUvvcxxZoFnV71yxa7ZC5B14uSkAjlaXvlrEMQsDTHSTFCl+o6daDejUnMmcFYapAoTyiZ0hH1DIxqicrPFzTNyYZSADGNpKtJkof6eyGio1DT0TWdI9VitenPxP6+f6uGNm/EoSTVGbLlomAqiYzIPgARcItNiaghlkptbCRtTSZk2MZVMCM7qy+ukU685jVrjoV5p3uZxFOEMzuEKHLiGJtxDC9rAIIFneIU3K7VerHfrY9lasPKZU/gD6/MHK0mQew==</latexit>

e011d0

<latexit sha1_base64="JCq7+llhBfi7/TyKIWYe9HyM26s=">AAAB83icbVDLTgJBEOzFF+IL9ehlIhg9kV0O6JHoxSMm8khgs5mdbWDC7CMzsyZkw2948aAxXv0Zb/6NA+xBwUo6qVR1p7vLTwRX2ra/rcLG5tb2TnG3tLd/cHhUPj7pqDiVDNssFrHs+VSh4BG2NdcCe4lEGvoCu/7kbu53n1AqHkePepqgG9JRxIecUW2kQRUvvcxxZoFnV71yxa7ZC5B14uSkAjlaXvlrEMQsDTHSTFCl+o6daDejUnMmcFYapAoTyiZ0hH1DIxqicrPFzTNyYZSADGNpKtJkof6eyGio1DT0TWdI9VitenPxP6+f6uGNm/EoSTVGbLlomAqiYzIPgARcItNiaghlkptbCRtTSZk2MZVMCM7qy+ukU685jVrjoV5p3uZxFOEMzuEKHLiGJtxDC9rAIIFneIU3K7VerHfrY9lasPKZU/gD6/MHK0mQew==</latexit>

e011d0
<latexit sha1_base64="rRLLNQVQznhqSEs6q1nDXbg28/Y=">AAAB83icbVDLTgJBEOzFF+IL9ehlIhg9kV0O6JHoxSMm8khgs5mdbWDC7CMzsyZkw2948aAxXv0Zb/6NA+xBwUo6qVR1p7vLTwRX2ra/rcLG5tb2TnG3tLd/cHhUPj7pqDiVDNssFrHs+VSh4BG2NdcCe4lEGvoCu/7kbu53n1AqHkePepqgG9JRxIecUW2kQRUvvazuzALPrnrlil2zFyDrxMlJBXK0vPLXIIhZGmKkmaBK9R070W5GpeZM4Kw0SBUmlE3oCPuGRjRE5WaLm2fkwigBGcbSVKTJQv09kdFQqWnom86Q6rFa9ebif14/1cMbN+NRkmqM2HLRMBVEx2QeAAm4RKbF1BDKJDe3EjamkjJtYiqZEJzVl9dJp15zGrXGQ73SvM3jKMIZnMMVOHANTbiHFrSBQQLP8ApvVmq9WO/Wx7K1YOUzp/AH1ucPLNOQfA==</latexit>

e021d0

<latexit sha1_base64="rRLLNQVQznhqSEs6q1nDXbg28/Y=">AAAB83icbVDLTgJBEOzFF+IL9ehlIhg9kV0O6JHoxSMm8khgs5mdbWDC7CMzsyZkw2948aAxXv0Zb/6NA+xBwUo6qVR1p7vLTwRX2ra/rcLG5tb2TnG3tLd/cHhUPj7pqDiVDNssFrHs+VSh4BG2NdcCe4lEGvoCu/7kbu53n1AqHkePepqgG9JRxIecUW2kQRUvvazuzALPrnrlil2zFyDrxMlJBXK0vPLXIIhZGmKkmaBK9R070W5GpeZM4Kw0SBUmlE3oCPuGRjRE5WaLm2fkwigBGcbSVKTJQv09kdFQqWnom86Q6rFa9ebif14/1cMbN+NRkmqM2HLRMBVEx2QeAAm4RKbF1BDKJDe3EjamkjJtYiqZEJzVl9dJp15zGrXGQ73SvM3jKMIZnMMVOHANTbiHFrSBQQLP8ApvVmq9WO/Wx7K1YOUzp/AH1ucPLNOQfA==</latexit>

e021d0

<latexit sha1_base64="SkTlb88OwFviPEeqdZ1Ik/WQdHA=">AAAB83icbVA9TwJBEJ3DL8Qv1NJmIxityC0FWhJtLDGRjwQul729BTbs7V1290zIhb9hY6Extv4ZO/+NC1yh4EsmeXlvJjPzgkRwbVz32ylsbG5t7xR3S3v7B4dH5eOTjo5TRVmbxiJWvYBoJrhkbcONYL1EMRIFgnWDyd3c7z4xpXksH800YV5ERpIPOSXGSoMqu/QzjGehj6t+ueLW3AXQOsE5qUCOll/+GoQxTSMmDRVE6z52E+NlRBlOBZuVBqlmCaETMmJ9SyWJmPayxc0zdGGVEA1jZUsatFB/T2Qk0noaBbYzImasV725+J/XT83wxsu4TFLDJF0uGqYCmRjNA0AhV4waMbWEUMXtrYiOiSLU2JhKNgS8+vI66dRruFFrPNQrzds8jiKcwTlcAYZraMI9tKANFBJ4hld4c1LnxXl3PpatBSefOYU/cD5/ACzOkHw=</latexit>

e011d1

<latexit sha1_base64="SkTlb88OwFviPEeqdZ1Ik/WQdHA=">AAAB83icbVA9TwJBEJ3DL8Qv1NJmIxityC0FWhJtLDGRjwQul729BTbs7V1290zIhb9hY6Extv4ZO/+NC1yh4EsmeXlvJjPzgkRwbVz32ylsbG5t7xR3S3v7B4dH5eOTjo5TRVmbxiJWvYBoJrhkbcONYL1EMRIFgnWDyd3c7z4xpXksH800YV5ERpIPOSXGSoMqu/QzjGehj6t+ueLW3AXQOsE5qUCOll/+GoQxTSMmDRVE6z52E+NlRBlOBZuVBqlmCaETMmJ9SyWJmPayxc0zdGGVEA1jZUsatFB/T2Qk0noaBbYzImasV725+J/XT83wxsu4TFLDJF0uGqYCmRjNA0AhV4waMbWEUMXtrYiOiSLU2JhKNgS8+vI66dRruFFrPNQrzds8jiKcwTlcAYZraMI9tKANFBJ4hld4c1LnxXl3PpatBSefOYU/cD5/ACzOkHw=</latexit>

e011d1
<latexit sha1_base64="yPe+Kb455vGFh0ZmT4uFeOfYaxg=">AAAB83icbVDLTgJBEOzFF+IL9ehlIhg9kV0O6JHoxSMm8khgs5mdbWDC7CMzsyZkw2948aAxXv0Zb/6NA+xBwUo6qVR1p7vLTwRX2ra/rcLG5tb2TnG3tLd/cHhUPj7pqDiVDNssFrHs+VSh4BG2NdcCe4lEGvoCu/7kbu53n1AqHkePepqgG9JRxIecUW2kQRUvvazuzALPqXrlil2zFyDrxMlJBXK0vPLXIIhZGmKkmaBK9R070W5GpeZM4Kw0SBUmlE3oCPuGRjRE5WaLm2fkwigBGcbSVKTJQv09kdFQqWnom86Q6rFa9ebif14/1cMbN+NRkmqM2HLRMBVEx2QeAAm4RKbF1BDKJDe3EjamkjJtYiqZEJzVl9dJp15zGrXGQ73SvM3jKMIZnMMVOHANTbiHFrSBQQLP8ApvVmq9WO/Wx7K1YOUzp/AH1ucPLliQfQ==</latexit>

e021d1

<latexit sha1_base64="yPe+Kb455vGFh0ZmT4uFeOfYaxg=">AAAB83icbVDLTgJBEOzFF+IL9ehlIhg9kV0O6JHoxSMm8khgs5mdbWDC7CMzsyZkw2948aAxXv0Zb/6NA+xBwUo6qVR1p7vLTwRX2ra/rcLG5tb2TnG3tLd/cHhUPj7pqDiVDNssFrHs+VSh4BG2NdcCe4lEGvoCu/7kbu53n1AqHkePepqgG9JRxIecUW2kQRUvvazuzALPqXrlil2zFyDrxMlJBXK0vPLXIIhZGmKkmaBK9R070W5GpeZM4Kw0SBUmlE3oCPuGRjRE5WaLm2fkwigBGcbSVKTJQv09kdFQqWnom86Q6rFa9ebif14/1cMbN+NRkmqM2HLRMBVEx2QeAAm4RKbF1BDKJDe3EjamkjJtYiqZEJzVl9dJp15zGrXGQ73SvM3jKMIZnMMVOHANTbiHFrSBQQLP8ApvVmq9WO/Wx7K1YOUzp/AH1ucPLliQfQ==</latexit>

e021d1

<latexit sha1_base64="n1PIAyktOXFJpV7QXfFcqW1OQI8=">AAAB83icbVA9TwJBEJ3DL8Qv1NJmIxityN0VaEm0scREPhK4XPaWBTbs7W1290zIhb9hY6Extv4ZO/+NC1yh4EsmeXlvJjPzIsmZNq777RQ2Nre2d4q7pb39g8Oj8vFJWyepIrRFEp6oboQ15UzQlmGG065UFMcRp51ocjf3O09UaZaIRzOVNIjxSLAhI9hYqV+ll2Hm+TMZ+tWwXHFr7gJonXg5qUCOZlj+6g8SksZUGMKx1j3PlSbIsDKMcDor9VNNJSYTPKI9SwWOqQ6yxc0zdGGVARomypYwaKH+nshwrPU0jmxnjM1Yr3pz8T+vl5rhTZAxIVNDBVkuGqYcmQTNA0ADpigxfGoJJorZWxEZY4WJsTGVbAje6svrpO3XvHqt/uBXGrd5HEU4g3O4Ag+uoQH30IQWEJDwDK/w5qTOi/PufCxbC04+cwp/4Hz+AEIwkIo=</latexit>

e012p2

<latexit sha1_base64="n1PIAyktOXFJpV7QXfFcqW1OQI8=">AAAB83icbVA9TwJBEJ3DL8Qv1NJmIxityN0VaEm0scREPhK4XPaWBTbs7W1290zIhb9hY6Extv4ZO/+NC1yh4EsmeXlvJjPzIsmZNq777RQ2Nre2d4q7pb39g8Oj8vFJWyepIrRFEp6oboQ15UzQlmGG065UFMcRp51ocjf3O09UaZaIRzOVNIjxSLAhI9hYqV+ll2Hm+TMZ+tWwXHFr7gJonXg5qUCOZlj+6g8SksZUGMKx1j3PlSbIsDKMcDor9VNNJSYTPKI9SwWOqQ6yxc0zdGGVARomypYwaKH+nshwrPU0jmxnjM1Yr3pz8T+vl5rhTZAxIVNDBVkuGqYcmQTNA0ADpigxfGoJJorZWxEZY4WJsTGVbAje6svrpO3XvHqt/uBXGrd5HEU4g3O4Ag+uoQH30IQWEJDwDK/w5qTOi/PufCxbC04+cwp/4Hz+AEIwkIo=</latexit>

e012p2
<latexit sha1_base64="kNM45CX3dgqDzECkHmGI2MNqGvA=">AAAB83icbVA9TwJBEJ3DL8Qv1NJmIxityN0VaEm0scREPhK4XPaWBTbs7W1290zIhb9hY6Extv4ZO/+NC1yh4EsmeXlvJjPzIsmZNq777RQ2Nre2d4q7pb39g8Oj8vFJWyepIrRFEp6oboQ15UzQlmGG065UFMcRp51ocjf3O09UaZaIRzOVNIjxSLAhI9hYqV+ll2Hm+zMZ+tWwXHFr7gJonXg5qUCOZlj+6g8SksZUGMKx1j3PlSbIsDKMcDor9VNNJSYTPKI9SwWOqQ6yxc0zdGGVARomypYwaKH+nshwrPU0jmxnjM1Yr3pz8T+vl5rhTZAxIVNDBVkuGqYcmQTNA0ADpigxfGoJJorZWxEZY4WJsTGVbAje6svrpO3XvHqt/uBXGrd5HEU4g3O4Ag+uoQH30IQWEJDwDK/w5qTOi/PufCxbC04+cwp/4Hz+AEO6kIs=</latexit>

e022p2

<latexit sha1_base64="kNM45CX3dgqDzECkHmGI2MNqGvA=">AAAB83icbVA9TwJBEJ3DL8Qv1NJmIxityN0VaEm0scREPhK4XPaWBTbs7W1290zIhb9hY6Extv4ZO/+NC1yh4EsmeXlvJjPzIsmZNq777RQ2Nre2d4q7pb39g8Oj8vFJWyepIrRFEp6oboQ15UzQlmGG065UFMcRp51ocjf3O09UaZaIRzOVNIjxSLAhI9hYqV+ll2Hm+zMZ+tWwXHFr7gJonXg5qUCOZlj+6g8SksZUGMKx1j3PlSbIsDKMcDor9VNNJSYTPKI9SwWOqQ6yxc0zdGGVARomypYwaKH+nshwrPU0jmxnjM1Yr3pz8T+vl5rhTZAxIVNDBVkuGqYcmQTNA0ADpigxfGoJJorZWxEZY4WJsTGVbAje6svrpO3XvHqt/uBXGrd5HEU4g3O4Ag+uoQH30IQWEJDwDK/w5qTOi/PufCxbC04+cwp/4Hz+AEO6kIs=</latexit>
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Fig. 7: ECCHECK: example of recovery.

distributed training system, each node has g devices (GPUs),
and there will be ng checkpoint data packets, which altogether
constitute the complete checkpoint of the DNN model. We
evenly divide the ng checkpoint data packets into k chunks,
and encode the k chunks into m parity chunks (m = n− k),
so that we can obtain n chunks in total. We allow each
node to store one chunk, and any k of the n chunks can
recover the original k chunks (i.e., the original ng checkpoint
data packets). In this way, the distributed training system can
tolerate any m concurrent node failures.

For example, when there are 4 nodes and each node
has one device, there are 4 data packets, d0, d1, d2, d3. We
evenly divide the four data packets into 2 chunks D0 and
D1, each containing 2 data packets, i.e., D0 = [d0, d1] and
D1 = [d2, d3]. Let E be a 4 × 2 encoding matrix (any two
rows of E are linearly independent). Let P0 and P1 denote
the 2 parity chunks. The encoding is performed as follows:D0

D1

P0

P1

 = E

[
D0

D1

]
=

 1 0
0 1
e11 e12
e21 e22

[D0

D1

]
=

 D0

D1

e11D0 + e12D1

e21D0 + e22D1


(3)

As a result, we have

P0 =
[
e11D0 + e12D1

]
=
[
e11d0 + e12d2, e11d1 + e12d3

]
P1 =

[
e21D0 + e22D1

]
=
[
e21d0 + e22d2, e21d1 + e22d3

] (4)

Then we distribute D0, D1, P0, P1 among the four nodes, so
that any two nodes can recover the original D0 and D1. The
decoding process, which recovers D0 and D1, e.g., when only
D0 and P1 are available, is illustrated as follows:[

D0

P1

]
=

[
1 0
e21 e22

] [
D0

D1

]
=⇒

[
D0

D1

]
=

[
1 0
e21 e22

]−1 [
D0

P1

]
=

[
1 0

− e21
e22

1
e22

] [
D0

P1

] (5)

To integrate the checkpoint encoding process of Eqn. 3 into
a distributed training system, ECCHECK first categorizes the
n nodes into two types, k data nodes and m parity nodes with
n = k+m, so that the k data nodes store data chunks and the
m parity nodes store parity chunks. The selection of data nodes
is crucial and will be detailed as part of the communication
strategy in Sec. IV-B. A three-step procedure is then carried
out for distributed checkpoint encoding and storage among the
nodes: encoding, XOR reduction, and P2P communication. In

the example in Fig. 6, there are two data nodes (k = 2) and
two parity nodes (m = 2) in a 4-node distributed training
system, with one worker per node. Each worker first encodes
its checkpoint data packet into m encoded packets. Next, XOR
reduction operations are conducted across different subsets of
nodes, with each operation storing the XOR result (the parity
packet) of m encoded packets on a target node. For instance,
the XOR reduction is conducted between node 1 and node 3,
and the XOR result of e11d1 (in node 1) and e12d3 (in node 3)
is p1, which is stored in node 1 (the target node). Finally, the
nodes perform P2P communication to transfer data packets or
parity packets to the respective data or parity nodes, so that
node 0 stores D0, node 1 stores P0, node 2 stores D1, and
node 3 stores P1.

Let
p0 = e11d0 + e12d2, p1 = e11d1 + e12d3,

p2 = e21d0 + e22d2, p3 = e21d1 + e22d3
(6)

Then we obtain:

D0 =
[
d0, d1

]
, D1 =

[
d2, d3

]
, P0 =

[
p0, p1

]
, P1 =

[
p2, p3

]
(7)

We will discuss in Sec. IV-A that we use a bitmatrix B(E)
as the encoding matrix, which is computed over GF (2), so
addition is equivalent to bit-wise XOR – the reason why the
second step is called XOR reduction. The above derivation
is related to the three steps in Fig. 6. For example, node 0
initially has d0; computing e11d0 corresponds to the encoding
step, and e11d0+e12d2 corresponds to the XOR reduction step,
resulting in p0; then node 0 sends p0 to node 1, corresponding
to the P2P communication step.

To recover the training states from the distributed, encoded
checkpoint chunks following Eqn. 5, there are two key tasks:
(1) Each surviving or replaced node should obtain the original
checkpoint for resuming training; (2) Each surviving and
replaced node should store the same data or parity chunk as
it did before the failure, to restore the same fault tolerance
capacity. ECCHECK includes two distinct recovery workflows,
corresponding to two failure cases:
• When all data nodes survive, the original checkpoint data

remains intact. The recovery workflow goes as follows: Data
nodes send the replaced nodes their corresponding parts of
the checkpoint data. Upon completion, each node can use its
checkpoint data to resume training. Then the lost parity packets
are encoded and stored in the corresponding parity nodes.
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Fig. 8: Serialization-free encoding protocol.

• When some data nodes fail, resulting in the loss of
some original checkpoint chunks, we first decode the surviving
packets to reconstruct all data packets, enabling each node to
have its own checkpoint data and resume training immediately.
After that, the decoded data or parity packets are transferred
to the corresponding data or parity nodes, to restore the fault
tolerance capacity.

Fig. 7 illustrates an example recovery scenario where nodes
1 and 2 are down, following the same setting as in Fig. 6. First,
node 0 sends d1 to the replaced node 1, and node 3 sends p2 to
the replaced node 2, distributing the decoding workload across
all nodes to speed up recovery. Node 0 still stores d1 in its
memory, so does node 3, and this is omitted in the figure for
clarity. Each node then encodes its data packet to obtain two
encoded packets using a decoding matrix E′ (E′ is based on
the inverse of a submatrix of encoding matrix E and Eqn. 5 is
an example). After encoding and XOR reduction, each node
stores a data packet and a parity packet. Training can then
continue. Finally, the recovered data packets and parity packets
are sent to their corresponding data or parity nodes.

C. Encoding and Decoding Protocol

An intuitive approach to encode checkpoint is to first seri-
alize its data into compact byte objects, treating them as data
packets to be subsequently encoded. However, serialization
can incur significant overhead [19] and cannot be executed
in a pipelined manner with subsequent encoding and com-
munication operations. In ECCHECK, we eliminate the need
for serialization, and propose a serialization-free encoding and
decoding protocol to save and load the checkpoint, based on
the following observations:

• state_dict can be decomposed into three distinct
components: non-tensor key-value pairs (such as training
metadata like iteration count), tensor keys, and tensor data
(the latter two components collectively form the tensor key-
value pairs, and the tensors are model states, optimizer states,
and RNG states in the dataloader). Non-tensor key-value pairs
and tensor keys are relatively small in size, while tensor data
constitutes the vast majority. For instance, in state_dict
of GPT2-345M, non-tensor key-value pairs and tensor keys
each occupy approximately 52KB (less than 0.001% of the
total checkpoint size), while tensor data account for around
6.5GB (over 99.99% of the total).

• The majority of data to checkpoint (including model and
optimizer states) resides in GPU memory, while others (non-
tensor key-value pairs, tensor keys, a small part of tensor data)
are in CPU memory.

• Each tensor’s data is stored contiguously in memory, while
their sizes can vary significantly.

Our serialization-free encoding protocol consists of the
following steps (Fig. 8):

1. Analyze and decompose state_dict into three com-
ponents: non-tensor key-value pairs (dict), tensor keys (list),
and tensor data (list). Transfer tensor data residing in GPU
memory to CPU memory.

2. Serialize and broadcast the non-tensor key-value pairs
and tensor keys to all other workers, as their communication
traffic is negligible compared to tensor data.

3. For the list of tensor data (now all on CPU memory): (a)
Copy the original tensor data to reserved data buffers for data
packets. (b) Encode each tensor and store the encoded result
into reserved encoding buffers for encoded packets. (c) When
a buffer is full, it becomes a data or encoded packet. XOR
reduction and P2P communication operations are performed
on the corresponding data and encoding buffers (packets).

Upon completion of checkpoint encoding, each node stores
serialized non-tensor key-value pairs, serialized tensor keys,
and data chunk or parity chunk, separately in CPU memory.

The decoding protocol follows the same three-step proce-
dure above for encoding to decode the data packets or parity
packets on surviving and replaced nodes, except for replacing
the encoding matrix by the decoding matrix. That is, it also
computes 2 ‘parity’ chunks from 2 ‘data’ chunks, just like
the encoding process. In the example shown in Eqn. 5 and
Fig. 7, the ‘data’ chunks are D0 and P1, while the ‘parity’
chunks are D1 and P0. Then the original tensor data are
obtained according to the decoded data packets. By combining
the tensor data with the non-tensor key-value pairs and tensor
keys, the original state_dict can be reconstructed.

This design significantly improves checkpoint efficiency by
eliminating the need for full serialization of state_dict,
focusing computational efforts on the most data-intensive com-
ponents. Furthermore, once decomposition of state_dict
is done and tensor data has been transferred to host mem-
ory, DNN training can immediately continue, and ECCHECK
executes the remaining checkpointing steps asynchronously,
allowing less training stalls.

IV. OVERHEAD MINIMIZATION

A. Encoding Optimizations

ECCHECK’s computational overhead primarily occurs dur-
ing checkpoint encoding. We adopt an efficient encoding
scheme, Cauchy Reed-Solomon code, with low computational
complexity, and the thread pool technique to accelerate encod-
ing implementation.

Cauchy Reed-Solomon Code. Cauchy Reed-Solomon code
[2] [38] [18] is a variant of Reed-Solomon code based on
the Cauchy matrix. Its encoding can be implemented by using
XOR operations exclusively [2]. Due to space limitation, we
omit the details of Cauchy Reed-Solomon code. The encoding
process is computed over GF (2). Consider the example in
Eqn. 3, where P0 = e11D0 + e12D1. The multiplication



node 0

data node 0
rank 0 rank 1

<latexit sha1_base64="qhSyRAbytxmDoE4kkUiKsrmdhmY=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ7c+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKcbjfA=</latexit>

d0
<latexit sha1_base64="sXDKOLXq1T9pS4oxKMGeKi13N38=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ68+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKigjfE=</latexit>

d1

node 1

parity node 0
rank 2 rank 3

<latexit sha1_base64="ozLS8wJnyG7AG15aGLAYVF++XiQ=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHEi94wsUgCDdlut7Bhd9vsbk1Iw2/w4kFjvPqDvPlvXKAHBV8yyct7M5mZF6acaeO6305pY3Nre6e8W9nbPzg8qh6fdHWSKUJ9kvBE9UKsKWeS+oYZTnupoliEnD6Gk5u5//hElWaJfDDTlAYCjySLGcHGSn49Gjbrw2rNbbgLoHXiFaQGBTrD6tcgSkgmqDSEY637npuaIMfKMMLprDLINE0xmeAR7VsqsaA6yBfHztCFVSIUJ8qWNGih/p7IsdB6KkLbKbAZ61VvLv7n9TMTXwc5k2lmqCTLRXHGkUnQ/HMUMUWJ4VNLMFHM3orIGCtMjM2nYkPwVl9eJ91mw2s1WvfNWvuuiKMMZ3AOl+DBFbThFjrgAwEGz/AKb450Xpx352PZWnKKmVP4A+fzB6xAjfk=</latexit>

d2
<latexit sha1_base64="aIleCwDbm+WdWXnrP4fkb/1C86Q=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LLaCp5JUqB4LXvRWwbSFNpTNZtMu3WzC7kYoob/BiwdFvPqDvPlv3KY5aOuDgcd7M8zM8xPOlLbtb6u0sbm1vVPereztHxweVY9PuipOJaEuiXks+z5WlDNBXc00p/1EUhz5nPb86e3C7z1RqVgsHvUsoV6Ex4KFjGBtJLcejK7qo2rNbtg50DpxClKDAp1R9WsYxCSNqNCEY6UGjp1oL8NSM8LpvDJMFU0wmeIxHRgqcESVl+XHztGFUQIUxtKU0ChXf09kOFJqFvmmM8J6ola9hfifN0h1eONlTCSppoIsF4UpRzpGi89RwCQlms8MwUQycysiEywx0SafignBWX15nXSbDafVaD00a+37Io4ynME5XIID19CGO+iACwQYPMMrvFnCerHerY9la8kqZk7hD6zPH63Fjfo=</latexit>

d3

node 2

data node 1
rank 4 rank 5

<latexit sha1_base64="XpvjY5yzTMI+sRkTd8ib5dHS27k=">AAAB7HicbVBNSwMxEJ2tX7V+VT16CbaCp7JbpHoseNBjBbcW2qVks9k2NMkuSVYoS8F/4MWDIl79Qd78N6YfB219MPB4b4aZeWHKmTau++0U1tY3NreK26Wd3b39g/LhUVsnmSLUJwlPVCfEmnImqW+Y4bSTKopFyOlDOLqe+g+PVGmWyHszTmkg8ECymBFsrORXo/5FtV+uuDV3BrRKvAWpwAKtfvmrFyUkE1QawrHWXc9NTZBjZRjhdFLqZZqmmIzwgHYtlVhQHeSzYyfozCoRihNlSxo0U39P5FhoPRah7RTYDPWyNxX/87qZia+CnMk0M1SS+aI448gkaPo5ipiixPCxJZgoZm9FZIgVJsbmU7IheMsvr5J2veY1ao27eqV58zSPowgncArn4MElNOEWWuADAQbP8ApvjnRenHfnY95acBYRHsMfOJ8/1LCOeQ==</latexit>

d4
<latexit sha1_base64="hbFnfEByOAM1Ks/vwtMOzB0uM9k=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LLaCp5IUrB4LHvRYwbSFNpTNZtMu3WzC7kYoob/BiwdFvPqDvPlv3KY5aOuDgcd7M8zM8xPOlLbtb6u0sbm1vVPereztHxweVY9PuipOJaEuiXks+z5WlDNBXc00p/1EUhz5nPb86e3C7z1RqVgsHvUsoV6Ex4KFjGBtJLcejK7qo2rNbtg50DpxClKDAp1R9WsYxCSNqNCEY6UGjp1oL8NSM8LpvDJMFU0wmeIxHRgqcESVl+XHztGFUQIUxtKU0ChXf09kOFJqFvmmM8J6ola9hfifN0h1eONlTCSppoIsF4UpRzpGi89RwCQlms8MwUQycysiEywx0SafignBWX15nXSbDafVaD00a+27Io4ynME5XIID19CGe+iACwQYPMMrvFnCerHerY9la8kqZk7hD6zPH7A1jfo=</latexit>

d5

node 0

data node 0
rank 0 rank 1

<latexit sha1_base64="qhSyRAbytxmDoE4kkUiKsrmdhmY=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ7c+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKcbjfA=</latexit>

d0
<latexit sha1_base64="sXDKOLXq1T9pS4oxKMGeKi13N38=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ68+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKigjfE=</latexit>

d1

node 1

parity node 0
rank 2 rank 3

<latexit sha1_base64="ozLS8wJnyG7AG15aGLAYVF++XiQ=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHEi94wsUgCDdlut7Bhd9vsbk1Iw2/w4kFjvPqDvPlvXKAHBV8yyct7M5mZF6acaeO6305pY3Nre6e8W9nbPzg8qh6fdHWSKUJ9kvBE9UKsKWeS+oYZTnupoliEnD6Gk5u5//hElWaJfDDTlAYCjySLGcHGSn49Gjbrw2rNbbgLoHXiFaQGBTrD6tcgSkgmqDSEY637npuaIMfKMMLprDLINE0xmeAR7VsqsaA6yBfHztCFVSIUJ8qWNGih/p7IsdB6KkLbKbAZ61VvLv7n9TMTXwc5k2lmqCTLRXHGkUnQ/HMUMUWJ4VNLMFHM3orIGCtMjM2nYkPwVl9eJ91mw2s1WvfNWvuuiKMMZ3AOl+DBFbThFjrgAwEGz/AKb450Xpx352PZWnKKmVP4A+fzB6xAjfk=</latexit>

d2
<latexit sha1_base64="aIleCwDbm+WdWXnrP4fkb/1C86Q=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LLaCp5JUqB4LXvRWwbSFNpTNZtMu3WzC7kYoob/BiwdFvPqDvPlv3KY5aOuDgcd7M8zM8xPOlLbtb6u0sbm1vVPereztHxweVY9PuipOJaEuiXks+z5WlDNBXc00p/1EUhz5nPb86e3C7z1RqVgsHvUsoV6Ex4KFjGBtJLcejK7qo2rNbtg50DpxClKDAp1R9WsYxCSNqNCEY6UGjp1oL8NSM8LpvDJMFU0wmeIxHRgqcESVl+XHztGFUQIUxtKU0ChXf09kOFJqFvmmM8J6ola9hfifN0h1eONlTCSppoIsF4UpRzpGi89RwCQlms8MwUQycysiEywx0SafignBWX15nXSbDafVaD00a+37Io4ynME5XIID19CGO+iACwQYPMMrvFnCerHerY9la8kqZk7hD6zPH63Fjfo=</latexit>

d3

node 2

data node 1
rank 4 rank 5

<latexit sha1_base64="XpvjY5yzTMI+sRkTd8ib5dHS27k=">AAAB7HicbVBNSwMxEJ2tX7V+VT16CbaCp7JbpHoseNBjBbcW2qVks9k2NMkuSVYoS8F/4MWDIl79Qd78N6YfB219MPB4b4aZeWHKmTau++0U1tY3NreK26Wd3b39g/LhUVsnmSLUJwlPVCfEmnImqW+Y4bSTKopFyOlDOLqe+g+PVGmWyHszTmkg8ECymBFsrORXo/5FtV+uuDV3BrRKvAWpwAKtfvmrFyUkE1QawrHWXc9NTZBjZRjhdFLqZZqmmIzwgHYtlVhQHeSzYyfozCoRihNlSxo0U39P5FhoPRah7RTYDPWyNxX/87qZia+CnMk0M1SS+aI448gkaPo5ipiixPCxJZgoZm9FZIgVJsbmU7IheMsvr5J2veY1ao27eqV58zSPowgncArn4MElNOEWWuADAQbP8ApvjnRenHfnY95acBYRHsMfOJ8/1LCOeQ==</latexit>

d4
<latexit sha1_base64="hbFnfEByOAM1Ks/vwtMOzB0uM9k=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LLaCp5IUrB4LHvRYwbSFNpTNZtMu3WzC7kYoob/BiwdFvPqDvPlv3KY5aOuDgcd7M8zM8xPOlLbtb6u0sbm1vVPereztHxweVY9PuipOJaEuiXks+z5WlDNBXc00p/1EUhz5nPb86e3C7z1RqVgsHvUsoV6Ex4KFjGBtJLcejK7qo2rNbtg50DpxClKDAp1R9WsYxCSNqNCEY6UGjp1oL8NSM8LpvDJMFU0wmeIxHRgqcESVl+XHztGFUQIUxtKU0ChXf09kOFJqFvmmM8J6ola9hfifN0h1eONlTCSppoIsF4UpRzpGi89RwCQlms8MwUQycysiEywx0SafignBWX15nXSbDafVaD00a+27Io4ynME5XIID19CGe+iACwQYPMMrvFnCerHerY9la8kqZk7hD6zPH7A1jfo=</latexit>

d5

node 0

data node 0
rank 0 rank 1

<latexit sha1_base64="qhSyRAbytxmDoE4kkUiKsrmdhmY=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ7c+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKcbjfA=</latexit>

d0
<latexit sha1_base64="sXDKOLXq1T9pS4oxKMGeKi13N38=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ68+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKigjfE=</latexit>

d1

node 1

parity node 0
rank 2 rank 3

<latexit sha1_base64="aIleCwDbm+WdWXnrP4fkb/1C86Q=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LLaCp5JUqB4LXvRWwbSFNpTNZtMu3WzC7kYoob/BiwdFvPqDvPlv3KY5aOuDgcd7M8zM8xPOlLbtb6u0sbm1vVPereztHxweVY9PuipOJaEuiXks+z5WlDNBXc00p/1EUhz5nPb86e3C7z1RqVgsHvUsoV6Ex4KFjGBtJLcejK7qo2rNbtg50DpxClKDAp1R9WsYxCSNqNCEY6UGjp1oL8NSM8LpvDJMFU0wmeIxHRgqcESVl+XHztGFUQIUxtKU0ChXf09kOFJqFvmmM8J6ola9hfifN0h1eONlTCSppoIsF4UpRzpGi89RwCQlms8MwUQycysiEywx0SafignBWX15nXSbDafVaD00a+37Io4ynME5XIID19CGO+iACwQYPMMrvFnCerHerY9la8kqZk7hD6zPH63Fjfo=</latexit>

d3

node 2

data node 1
rank 4 rank 5

<latexit sha1_base64="XpvjY5yzTMI+sRkTd8ib5dHS27k=">AAAB7HicbVBNSwMxEJ2tX7V+VT16CbaCp7JbpHoseNBjBbcW2qVks9k2NMkuSVYoS8F/4MWDIl79Qd78N6YfB219MPB4b4aZeWHKmTau++0U1tY3NreK26Wd3b39g/LhUVsnmSLUJwlPVCfEmnImqW+Y4bSTKopFyOlDOLqe+g+PVGmWyHszTmkg8ECymBFsrORXo/5FtV+uuDV3BrRKvAWpwAKtfvmrFyUkE1QawrHWXc9NTZBjZRjhdFLqZZqmmIzwgHYtlVhQHeSzYyfozCoRihNlSxo0U39P5FhoPRah7RTYDPWyNxX/87qZia+CnMk0M1SS+aI448gkaPo5ipiixPCxJZgoZm9FZIgVJsbmU7IheMsvr5J2veY1ao27eqV58zSPowgncArn4MElNOEWWuADAQbP8ApvjnRenHfnY95acBYRHsMfOJ8/1LCOeQ==</latexit>

d4

<latexit sha1_base64="hbFnfEByOAM1Ks/vwtMOzB0uM9k=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LLaCp5IUrB4LHvRYwbSFNpTNZtMu3WzC7kYoob/BiwdFvPqDvPlv3KY5aOuDgcd7M8zM8xPOlLbtb6u0sbm1vVPereztHxweVY9PuipOJaEuiXks+z5WlDNBXc00p/1EUhz5nPb86e3C7z1RqVgsHvUsoV6Ex4KFjGBtJLcejK7qo2rNbtg50DpxClKDAp1R9WsYxCSNqNCEY6UGjp1oL8NSM8LpvDJMFU0wmeIxHRgqcESVl+XHztGFUQIUxtKU0ChXf09kOFJqFvmmM8J6ola9hfifN0h1eONlTCSppoIsF4UpRzpGi89RwCQlms8MwUQycysiEywx0SafignBWX15nXSbDafVaD00a+27Io4ynME5XIID19CGe+iACwQYPMMrvFnCerHerY9la8kqZk7hD6zPH7A1jfo=</latexit>

d5
<latexit sha1_base64="ozLS8wJnyG7AG15aGLAYVF++XiQ=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHEi94wsUgCDdlut7Bhd9vsbk1Iw2/w4kFjvPqDvPlvXKAHBV8yyct7M5mZF6acaeO6305pY3Nre6e8W9nbPzg8qh6fdHWSKUJ9kvBE9UKsKWeS+oYZTnupoliEnD6Gk5u5//hElWaJfDDTlAYCjySLGcHGSn49Gjbrw2rNbbgLoHXiFaQGBTrD6tcgSkgmqDSEY637npuaIMfKMMLprDLINE0xmeAR7VsqsaA6yBfHztCFVSIUJ8qWNGih/p7IsdB6KkLbKbAZ61VvLv7n9TMTXwc5k2lmqCTLRXHGkUnQ/HMUMUWJ4VNLMFHM3orIGCtMjM2nYkPwVl9eJ91mw2s1WvfNWvuuiKMMZ3AOl+DBFbThFjrgAwEGz/AKb450Xpx352PZWnKKmVP4A+fzB6xAjfk=</latexit>

d2

<latexit sha1_base64="WzaPSBW8zv60pgOJW4cGsmBGoh4=">AAAB8nicbVBNS8NAEJ3Ur1q/qh69LLaCp5L0UD0WvHisYFshDWGz2bRLN7thdyOUUPBPePGgiFd/jTf/jduPg7Y+GHi8N8PMvCjjTBvX/XZKG5tb2zvl3cre/sHhUfX4pKdlrgjtEsmleoiwppwJ2jXMcPqQKYrTiNN+NL6Z+f1HqjST4t5MMhqkeChYwgg2VvLrNCw8bxqHbj2s1tyGOwdaJ96S1GCJTlj9GsSS5CkVhnCste+5mQkKrAwjnE4rg1zTDJMxHlLfUoFTqoNifvIUXVglRolUtoRBc/X3RIFTrSdpZDtTbEZ61ZuJ/3l+bpLroGAiyw0VZLEoyTkyEs3+RzFTlBg+sQQTxeytiIywwsTYlCo2BG/15XXSaza8VqN116y1/adFHGU4g3O4BA+uoA230IEuEJDwDK/w5hjnxXl3PhatJWcZ4Sn8gfP5A/bDkOM=</latexit>

e11d0
<latexit sha1_base64="xsvlZR/UEVObSXnL5VjjyjgC2Hw=">AAAB8nicbVBNS8NAEN3Ur1q/qh69LLaCp5LtoXosePFYwbZCGsJms2mXbrJhdyKUUPBPePGgiFd/jTf/jduPg7Y+GHi8N8PMvDCTwoDrfjuljc2t7Z3ybmVv/+DwqHp80jMq14x3mZJKP4TUcClS3gUBkj9kmtMklLwfjm9mfv+RayNUeg+TjPsJHaYiFoyClbw6DwpCplFA6kG15jbcOfA6IUtSQ0t0gurXIFIsT3gKTFJjPOJm4BdUg2CSTyuD3PCMsjEdcs/SlCbc+MX85Cm+sEqEY6VtpYDn6u+JgibGTJLQdiYURmbVm4n/eV4O8bVfiDTLgadssSjOJQaFZ//jSGjOQE4soUwLeytmI6opA5tSxYZAVl9eJ71mg7Qarbtmre09LeIoozN0ji4RQVeojW5RB3URQwo9o1f05oDz4rw7H4vWkrOM8BT9gfP5A/hIkOQ=</latexit>

e11d1
<latexit sha1_base64="tgly3H1tla0kDTHLO5qob6K5aN4=">AAAB8nicbVBNS8NAEN3Ur1q/qh69LLaCp5L0UD0WvHisYFshDWGzmbRLN7thdyOUUPBPePGgiFd/jTf/jduPg7Y+GHi8N8PMvCjjTBvX/XZKG5tb2zvl3cre/sHhUfX4pKdlrih0qeRSPUREA2cCuoYZDg+ZApJGHPrR+Gbm9x9BaSbFvZlkEKRkKFjCKDFW8usQFp43jcNmPazW3IY7B14n3pLU0BKdsPo1iCXNUxCGcqK177mZCQqiDKMcppVBriEjdEyG4FsqSAo6KOYnT/GFVWKcSGVLGDxXf08UJNV6kka2MyVmpFe9mfif5+cmuQ4KJrLcgKCLRUnOsZF49j+OmQJq+MQSQhWzt2I6IopQY1Oq2BC81ZfXSa/Z8FqN1l2z1vafFnGU0Rk6R5fIQ1eojW5RB3URRRI9o1f05hjnxXl3PhatJWcZ4Sn6A+fzB/nNkOU=</latexit>

e11d2
<latexit sha1_base64="AGevv3N604d2pYbb5KuWgOklllo=">AAAB8nicbVDLSgNBEJyNrxhfUY9eBhPBU9iNED0GvHiMYB6wWZbZ2U4yZHZmmZkVwhLwJ7x4UMSrX+PNv3HyOGhiQUNR1U13V5Rypo3rfjuFjc2t7Z3ibmlv/+DwqHx80tEyUxTaVHKpehHRwJmAtmGGQy9VQJKIQzca38787iMozaR4MJMUgoQMBRswSoyV/CqEuVefxuFVNSxX3Jo7B14n3pJU0BKtsPzVjyXNEhCGcqK177mpCXKiDKMcpqV+piEldEyG4FsqSAI6yOcnT/GFVWI8kMqWMHiu/p7ISaL1JIlsZ0LMSK96M/E/z8/M4CbImUgzA4IuFg0yjo3Es/9xzBRQwyeWEKqYvRXTEVGEGptSyYbgrb68Tjr1mteoNe7rlab/tIijiM7QObpEHrpGTXSHWqiNKJLoGb2iN8c4L86787FoLTjLCE/RHzifP/zbkOc=</latexit>

e12d3
<latexit sha1_base64="v1G5hw8tuJLMz3dCit1XIt0gKNE=">AAAB8nicbVDLSgNBEJyNrxhfUY9eBhPBU9gNEj0GvHiMYB6wWZbZ2U4yZHZmmZkVwhLwJ7x4UMSrX+PNv3HyOGhiQUNR1U13V5Rypo3rfjuFjc2t7Z3ibmlv/+DwqHx80tEyUxTaVHKpehHRwJmAtmGGQy9VQJKIQzca38787iMozaR4MJMUgoQMBRswSoyV/CqEuVefxuFVNSxX3Jo7B14n3pJU0BKtsPzVjyXNEhCGcqK177mpCXKiDKMcpqV+piEldEyG4FsqSAI6yOcnT/GFVWI8kMqWMHiu/p7ISaL1JIlsZ0LMSK96M/E/z8/M4CbImUgzA4IuFg0yjo3Es/9xzBRQwyeWEKqYvRXTEVGEGptSyYbgrb68Tjr1mteoNe7rlab/tIijiM7QObpEHrpGTXSHWqiNKJLoGb2iN8c4L86787FoLTjLCE/RHzifP/5gkOg=</latexit>

e12d4
<latexit sha1_base64="9dJ4i2PPoZvo4mQU1iwUXQMteoA=">AAAB8nicbVDLSgNBEJyNrxhfUY9eBhPBU9gNGD0GvHiMYB6wWZbZ2U4yZHZmmZkVwhLwJ7x4UMSrX+PNv3HyOGhiQUNR1U13V5Rypo3rfjuFjc2t7Z3ibmlv/+DwqHx80tEyUxTaVHKpehHRwJmAtmGGQy9VQJKIQzca38787iMozaR4MJMUgoQMBRswSoyV/CqEuVefxuFVNSxX3Jo7B14n3pJU0BKtsPzVjyXNEhCGcqK177mpCXKiDKMcpqV+piEldEyG4FsqSAI6yOcnT/GFVWI8kMqWMHiu/p7ISaL1JIlsZ0LMSK96M/E/z8/M4CbImUgzA4IuFg0yjo3Es/9xzBRQwyeWEKqYvRXTEVGEGptSyYbgrb68Tjr1mteoNe7rlab/tIijiM7QObpEHrpGTXSHWqiNKJLoGb2iN8c4L86787FoLTjLCE/RHzifP//lkOk=</latexit>

e12d5

<latexit sha1_base64="+69ANUm8s0EUjZ1FgF3iw9ssR3w=">AAAB7HicbVA9SwNBEJ2LXzF+RS1tFhPBKtyliJYBG8sIXiJcjrC32UuW7O0du3NCCAH/gY2FIrb+IDv/jZuPQhMfDDzem2FmXpRJYdB1v53CxubW9k5xt7S3f3B4VD4+aZs014z7LJWpfoio4VIo7qNAyR8yzWkSSd6JRjczv/PItRGpusdxxsOEDpSIBaNoJb+a9bxqr1xxa+4cZJ14S1KBJVq98le3n7I84QqZpMYEnpthOKEaBZN8WurmhmeUjeiAB5YqmnATTubHTsmFVfokTrUthWSu/p6Y0MSYcRLZzoTi0Kx6M/E/L8gxvg4nQmU5csUWi+JcEkzJ7HPSF5ozlGNLKNPC3krYkGrK0OZTsiF4qy+vk3a95jVqjbt6pRk8LeIowhmcwyV4cAVNuIUW+MBAwDO8wpujnBfn3flYtBacZYSn8AfO5w/oeY6W</latexit>p1
<latexit sha1_base64="6TI6sWlpAYsaOdAb6hAh7NMUQfI=">AAAB7HicbVA9SwNBEJ2LXzF+RS1tFhPBKtyliJYBG8sIXiJcjrC3mUuW7O0du3tCCAH/gY2FIrb+IDv/jZuPQhMfDDzem2FmXpQJro3rfjuFjc2t7Z3ibmlv/+DwqHx80tZprhj6LBWpeoioRsEl+oYbgQ+ZQppEAjvR6Gbmdx5RaZ7KezPOMEzoQPKYM2qs5FezXr3aK1fcmjsHWSfeklRgiVav/NXtpyxPUBomqNaB52YmnFBlOBM4LXVzjRllIzrAwFJJE9ThZH7slFxYpU/iVNmShszV3xMTmmg9TiLbmVAz1KveTPzPC3ITX4cTLrPcoGSLRXEuiEnJ7HPS5wqZEWNLKFPc3krYkCrKjM2nZEPwVl9eJ+16zWvUGnf1SjN4WsRRhDM4h0vw4AqacAst8IEBh2d4hTdHOi/Ou/OxaC04ywhP4Q+czx/p/o6X</latexit>p2

<latexit sha1_base64="zR62bJ85jdAExScsOOtRObCtRqA=">AAAB7HicbVA9SwNBEJ2LXzF+RS1tFhPBKtyliJYBG8sIXiJcjrC32UuW7O0du3NCCAH/gY2FIrb+IDv/jZuPQhMfDDzem2FmXpRJYdB1v53CxubW9k5xt7S3f3B4VD4+aZs014z7LJWpfoio4VIo7qNAyR8yzWkSSd6JRjczv/PItRGpusdxxsOEDpSIBaNoJb+a9dxqr1xxa+4cZJ14S1KBJVq98le3n7I84QqZpMYEnpthOKEaBZN8WurmhmeUjeiAB5YqmnATTubHTsmFVfokTrUthWSu/p6Y0MSYcRLZzoTi0Kx6M/E/L8gxvg4nQmU5csUWi+JcEkzJ7HPSF5ozlGNLKNPC3krYkGrK0OZTsiF4qy+vk3a95jVqjbt6pRk8LeIowhmcwyV4cAVNuIUW+MBAwDO8wpujnBfn3flYtBacZYSn8AfO5w/m9I6V</latexit>p0

<latexit sha1_base64="+69ANUm8s0EUjZ1FgF3iw9ssR3w=">AAAB7HicbVA9SwNBEJ2LXzF+RS1tFhPBKtyliJYBG8sIXiJcjrC32UuW7O0du3NCCAH/gY2FIrb+IDv/jZuPQhMfDDzem2FmXpRJYdB1v53CxubW9k5xt7S3f3B4VD4+aZs014z7LJWpfoio4VIo7qNAyR8yzWkSSd6JRjczv/PItRGpusdxxsOEDpSIBaNoJb+a9bxqr1xxa+4cZJ14S1KBJVq98le3n7I84QqZpMYEnpthOKEaBZN8WurmhmeUjeiAB5YqmnATTubHTsmFVfokTrUthWSu/p6Y0MSYcRLZzoTi0Kx6M/E/L8gxvg4nQmU5csUWi+JcEkzJ7HPSF5ozlGNLKNPC3krYkGrK0OZTsiF4qy+vk3a95jVqjbt6pRk8LeIowhmcwyV4cAVNuIUW+MBAwDO8wpujnBfn3flYtBacZYSn8AfO5w/oeY6W</latexit>p1
<latexit sha1_base64="zR62bJ85jdAExScsOOtRObCtRqA=">AAAB7HicbVA9SwNBEJ2LXzF+RS1tFhPBKtyliJYBG8sIXiJcjrC32UuW7O0du3NCCAH/gY2FIrb+IDv/jZuPQhMfDDzem2FmXpRJYdB1v53CxubW9k5xt7S3f3B4VD4+aZs014z7LJWpfoio4VIo7qNAyR8yzWkSSd6JRjczv/PItRGpusdxxsOEDpSIBaNoJb+a9dxqr1xxa+4cZJ14S1KBJVq98le3n7I84QqZpMYEnpthOKEaBZN8WurmhmeUjeiAB5YqmnATTubHTsmFVfokTrUthWSu/p6Y0MSYcRLZzoTi0Kx6M/E/L8gxvg4nQmU5csUWi+JcEkzJ7HPSF5ozlGNLKNPC3krYkGrK0OZTsiF4qy+vk3a95jVqjbt6pRk8LeIowhmcwyV4cAVNuIUW+MBAwDO8wpujnBfn3flYtBacZYSn8AfO5w/m9I6V</latexit>p0

<latexit sha1_base64="6TI6sWlpAYsaOdAb6hAh7NMUQfI=">AAAB7HicbVA9SwNBEJ2LXzF+RS1tFhPBKtyliJYBG8sIXiJcjrC3mUuW7O0du3tCCAH/gY2FIrb+IDv/jZuPQhMfDDzem2FmXpQJro3rfjuFjc2t7Z3ibmlv/+DwqHx80tZprhj6LBWpeoioRsEl+oYbgQ+ZQppEAjvR6Gbmdx5RaZ7KezPOMEzoQPKYM2qs5FezXr3aK1fcmjsHWSfeklRgiVav/NXtpyxPUBomqNaB52YmnFBlOBM4LXVzjRllIzrAwFJJE9ThZH7slFxYpU/iVNmShszV3xMTmmg9TiLbmVAz1KveTPzPC3ITX4cTLrPcoGSLRXEuiEnJ7HPS5wqZEWNLKFPc3krYkCrKjM2nZEPwVl9eJ+16zWvUGnf1SjN4WsRRhDM4h0vw4AqacAst8IEBh2d4hTdHOi/Ou/OxaC04ywhP4Q+czx/p/o6X</latexit>p2

data packet parity packet XOR reduction P2P communicationencoded packet

(a) node 1 be the parity node

node 0

data node 0
rank 0 rank 1

<latexit sha1_base64="sXDKOLXq1T9pS4oxKMGeKi13N38=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ68+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKigjfE=</latexit>

d1

node 1

data node 1
rank 2 rank 3

<latexit sha1_base64="ozLS8wJnyG7AG15aGLAYVF++XiQ=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHEi94wsUgCDdlut7Bhd9vsbk1Iw2/w4kFjvPqDvPlvXKAHBV8yyct7M5mZF6acaeO6305pY3Nre6e8W9nbPzg8qh6fdHWSKUJ9kvBE9UKsKWeS+oYZTnupoliEnD6Gk5u5//hElWaJfDDTlAYCjySLGcHGSn49Gjbrw2rNbbgLoHXiFaQGBTrD6tcgSkgmqDSEY637npuaIMfKMMLprDLINE0xmeAR7VsqsaA6yBfHztCFVSIUJ8qWNGih/p7IsdB6KkLbKbAZ61VvLv7n9TMTXwc5k2lmqCTLRXHGkUnQ/HMUMUWJ4VNLMFHM3orIGCtMjM2nYkPwVl9eJ91mw2s1WvfNWvuuiKMMZ3AOl+DBFbThFjrgAwEGz/AKb450Xpx352PZWnKKmVP4A+fzB6xAjfk=</latexit>

d2
<latexit sha1_base64="aIleCwDbm+WdWXnrP4fkb/1C86Q=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LLaCp5JUqB4LXvRWwbSFNpTNZtMu3WzC7kYoob/BiwdFvPqDvPlv3KY5aOuDgcd7M8zM8xPOlLbtb6u0sbm1vVPereztHxweVY9PuipOJaEuiXks+z5WlDNBXc00p/1EUhz5nPb86e3C7z1RqVgsHvUsoV6Ex4KFjGBtJLcejK7qo2rNbtg50DpxClKDAp1R9WsYxCSNqNCEY6UGjp1oL8NSM8LpvDJMFU0wmeIxHRgqcESVl+XHztGFUQIUxtKU0ChXf09kOFJqFvmmM8J6ola9hfifN0h1eONlTCSppoIsF4UpRzpGi89RwCQlms8MwUQycysiEywx0SafignBWX15nXSbDafVaD00a+37Io4ynME5XIID19CGO+iACwQYPMMrvFnCerHerY9la8kqZk7hD6zPH63Fjfo=</latexit>

d3

node 2

parity node 0
rank 4 rank 5

<latexit sha1_base64="XpvjY5yzTMI+sRkTd8ib5dHS27k=">AAAB7HicbVBNSwMxEJ2tX7V+VT16CbaCp7JbpHoseNBjBbcW2qVks9k2NMkuSVYoS8F/4MWDIl79Qd78N6YfB219MPB4b4aZeWHKmTau++0U1tY3NreK26Wd3b39g/LhUVsnmSLUJwlPVCfEmnImqW+Y4bSTKopFyOlDOLqe+g+PVGmWyHszTmkg8ECymBFsrORXo/5FtV+uuDV3BrRKvAWpwAKtfvmrFyUkE1QawrHWXc9NTZBjZRjhdFLqZZqmmIzwgHYtlVhQHeSzYyfozCoRihNlSxo0U39P5FhoPRah7RTYDPWyNxX/87qZia+CnMk0M1SS+aI448gkaPo5ipiixPCxJZgoZm9FZIgVJsbmU7IheMsvr5J2veY1ao27eqV58zSPowgncArn4MElNOEWWuADAQbP8ApvjnRenHfnY95acBYRHsMfOJ8/1LCOeQ==</latexit>

d4
<latexit sha1_base64="hbFnfEByOAM1Ks/vwtMOzB0uM9k=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LLaCp5IUrB4LHvRYwbSFNpTNZtMu3WzC7kYoob/BiwdFvPqDvPlv3KY5aOuDgcd7M8zM8xPOlLbtb6u0sbm1vVPereztHxweVY9PuipOJaEuiXks+z5WlDNBXc00p/1EUhz5nPb86e3C7z1RqVgsHvUsoV6Ex4KFjGBtJLcejK7qo2rNbtg50DpxClKDAp1R9WsYxCSNqNCEY6UGjp1oL8NSM8LpvDJMFU0wmeIxHRgqcESVl+XHztGFUQIUxtKU0ChXf09kOFJqFvmmM8J6ola9hfifN0h1eONlTCSppoIsF4UpRzpGi89RwCQlms8MwUQycysiEywx0SafignBWX15nXSbDafVaD00a+27Io4ynME5XIID19CGe+iACwQYPMMrvFnCerHerY9la8kqZk7hD6zPH7A1jfo=</latexit>

d5

node 0

data node 0
rank 0 rank 1

<latexit sha1_base64="qhSyRAbytxmDoE4kkUiKsrmdhmY=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ7c+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKcbjfA=</latexit>

d0
<latexit sha1_base64="sXDKOLXq1T9pS4oxKMGeKi13N38=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ68+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKigjfE=</latexit>

d1

node 1

data node 1
rank 2 rank 3

<latexit sha1_base64="ozLS8wJnyG7AG15aGLAYVF++XiQ=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHEi94wsUgCDdlut7Bhd9vsbk1Iw2/w4kFjvPqDvPlvXKAHBV8yyct7M5mZF6acaeO6305pY3Nre6e8W9nbPzg8qh6fdHWSKUJ9kvBE9UKsKWeS+oYZTnupoliEnD6Gk5u5//hElWaJfDDTlAYCjySLGcHGSn49Gjbrw2rNbbgLoHXiFaQGBTrD6tcgSkgmqDSEY637npuaIMfKMMLprDLINE0xmeAR7VsqsaA6yBfHztCFVSIUJ8qWNGih/p7IsdB6KkLbKbAZ61VvLv7n9TMTXwc5k2lmqCTLRXHGkUnQ/HMUMUWJ4VNLMFHM3orIGCtMjM2nYkPwVl9eJ91mw2s1WvfNWvuuiKMMZ3AOl+DBFbThFjrgAwEGz/AKb450Xpx352PZWnKKmVP4A+fzB6xAjfk=</latexit>

d2
<latexit sha1_base64="aIleCwDbm+WdWXnrP4fkb/1C86Q=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LLaCp5JUqB4LXvRWwbSFNpTNZtMu3WzC7kYoob/BiwdFvPqDvPlv3KY5aOuDgcd7M8zM8xPOlLbtb6u0sbm1vVPereztHxweVY9PuipOJaEuiXks+z5WlDNBXc00p/1EUhz5nPb86e3C7z1RqVgsHvUsoV6Ex4KFjGBtJLcejK7qo2rNbtg50DpxClKDAp1R9WsYxCSNqNCEY6UGjp1oL8NSM8LpvDJMFU0wmeIxHRgqcESVl+XHztGFUQIUxtKU0ChXf09kOFJqFvmmM8J6ola9hfifN0h1eONlTCSppoIsF4UpRzpGi89RwCQlms8MwUQycysiEywx0SafignBWX15nXSbDafVaD00a+37Io4ynME5XIID19CGO+iACwQYPMMrvFnCerHerY9la8kqZk7hD6zPH63Fjfo=</latexit>

d3

node 2

parity node 0
rank 4 rank 5

<latexit sha1_base64="XpvjY5yzTMI+sRkTd8ib5dHS27k=">AAAB7HicbVBNSwMxEJ2tX7V+VT16CbaCp7JbpHoseNBjBbcW2qVks9k2NMkuSVYoS8F/4MWDIl79Qd78N6YfB219MPB4b4aZeWHKmTau++0U1tY3NreK26Wd3b39g/LhUVsnmSLUJwlPVCfEmnImqW+Y4bSTKopFyOlDOLqe+g+PVGmWyHszTmkg8ECymBFsrORXo/5FtV+uuDV3BrRKvAWpwAKtfvmrFyUkE1QawrHWXc9NTZBjZRjhdFLqZZqmmIzwgHYtlVhQHeSzYyfozCoRihNlSxo0U39P5FhoPRah7RTYDPWyNxX/87qZia+CnMk0M1SS+aI448gkaPo5ipiixPCxJZgoZm9FZIgVJsbmU7IheMsvr5J2veY1ao27eqV58zSPowgncArn4MElNOEWWuADAQbP8ApvjnRenHfnY95acBYRHsMfOJ8/1LCOeQ==</latexit>

d4
<latexit sha1_base64="hbFnfEByOAM1Ks/vwtMOzB0uM9k=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LLaCp5IUrB4LHvRYwbSFNpTNZtMu3WzC7kYoob/BiwdFvPqDvPlv3KY5aOuDgcd7M8zM8xPOlLbtb6u0sbm1vVPereztHxweVY9PuipOJaEuiXks+z5WlDNBXc00p/1EUhz5nPb86e3C7z1RqVgsHvUsoV6Ex4KFjGBtJLcejK7qo2rNbtg50DpxClKDAp1R9WsYxCSNqNCEY6UGjp1oL8NSM8LpvDJMFU0wmeIxHRgqcESVl+XHztGFUQIUxtKU0ChXf09kOFJqFvmmM8J6ola9hfifN0h1eONlTCSppoIsF4UpRzpGi89RwCQlms8MwUQycysiEywx0SafignBWX15nXSbDafVaD00a+27Io4ynME5XIID19CGe+iACwQYPMMrvFnCerHerY9la8kqZk7hD6zPH7A1jfo=</latexit>

d5

<latexit sha1_base64="qhSyRAbytxmDoE4kkUiKsrmdhmY=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ7c+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKcbjfA=</latexit>

d0

node 0

data node 0
rank 0 rank 1

<latexit sha1_base64="qhSyRAbytxmDoE4kkUiKsrmdhmY=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ7c+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKcbjfA=</latexit>

d0
<latexit sha1_base64="sXDKOLXq1T9pS4oxKMGeKi13N38=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHoxSMmFkmgIdvtFjbsbpvdrQlp+A1ePGiMV3+QN/+NC/Sg4EsmeXlvJjPzwpQzbVz32yltbG5t75R3K3v7B4dH1eOTrk4yRahPEp6oXog15UxS3zDDaS9VFIuQ08dwcjv3H5+o0iyRD2aa0kDgkWQxI9hYya9HQ68+rNbchrsAWideQWpQoDOsfg2ihGSCSkM41rrvuakJcqwMI5zOKoNM0xSTCR7RvqUSC6qDfHHsDF1YJUJxomxJgxbq74kcC62nIrSdApuxXvXm4n9ePzPxdZAzmWaGSrJcFGccmQTNP0cRU5QYPrUEE8XsrYiMscLE2HwqNgRv9eV10m02vFajdd+stW+KOMpwBudwCR5cQRvuoAM+EGDwDK/w5kjnxXl3PpatJaeYOYU/cD5/AKigjfE=</latexit>

d1

node 2

parity node 0
rank 4 rank 5

<latexit sha1_base64="aIleCwDbm+WdWXnrP4fkb/1C86Q=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LLaCp5JUqB4LXvRWwbSFNpTNZtMu3WzC7kYoob/BiwdFvPqDvPlv3KY5aOuDgcd7M8zM8xPOlLbtb6u0sbm1vVPereztHxweVY9PuipOJaEuiXks+z5WlDNBXc00p/1EUhz5nPb86e3C7z1RqVgsHvUsoV6Ex4KFjGBtJLcejK7qo2rNbtg50DpxClKDAp1R9WsYxCSNqNCEY6UGjp1oL8NSM8LpvDJMFU0wmeIxHRgqcESVl+XHztGFUQIUxtKU0ChXf09kOFJqFvmmM8J6ola9hfifN0h1eONlTCSppoIsF4UpRzpGi89RwCQlms8MwUQycysiEywx0SafignBWX15nXSbDafVaD00a+37Io4ynME5XIID19CGO+iACwQYPMMrvFnCerHerY9la8kqZk7hD6zPH63Fjfo=</latexit>

d3

node 1

data node 1
rank 2 rank 3

<latexit sha1_base64="XpvjY5yzTMI+sRkTd8ib5dHS27k=">AAAB7HicbVBNSwMxEJ2tX7V+VT16CbaCp7JbpHoseNBjBbcW2qVks9k2NMkuSVYoS8F/4MWDIl79Qd78N6YfB219MPB4b4aZeWHKmTau++0U1tY3NreK26Wd3b39g/LhUVsnmSLUJwlPVCfEmnImqW+Y4bSTKopFyOlDOLqe+g+PVGmWyHszTmkg8ECymBFsrORXo/5FtV+uuDV3BrRKvAWpwAKtfvmrFyUkE1QawrHWXc9NTZBjZRjhdFLqZZqmmIzwgHYtlVhQHeSzYyfozCoRihNlSxo0U39P5FhoPRah7RTYDPWyNxX/87qZia+CnMk0M1SS+aI448gkaPo5ipiixPCxJZgoZm9FZIgVJsbmU7IheMsvr5J2veY1ao27eqV58zSPowgncArn4MElNOEWWuADAQbP8ApvjnRenHfnY95acBYRHsMfOJ8/1LCOeQ==</latexit>

d4

<latexit sha1_base64="hbFnfEByOAM1Ks/vwtMOzB0uM9k=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LLaCp5IUrB4LHvRYwbSFNpTNZtMu3WzC7kYoob/BiwdFvPqDvPlv3KY5aOuDgcd7M8zM8xPOlLbtb6u0sbm1vVPereztHxweVY9PuipOJaEuiXks+z5WlDNBXc00p/1EUhz5nPb86e3C7z1RqVgsHvUsoV6Ex4KFjGBtJLcejK7qo2rNbtg50DpxClKDAp1R9WsYxCSNqNCEY6UGjp1oL8NSM8LpvDJMFU0wmeIxHRgqcESVl+XHztGFUQIUxtKU0ChXf09kOFJqFvmmM8J6ola9hfifN0h1eONlTCSppoIsF4UpRzpGi89RwCQlms8MwUQycysiEywx0SafignBWX15nXSbDafVaD00a+27Io4ynME5XIID19CGe+iACwQYPMMrvFnCerHerY9la8kqZk7hD6zPH7A1jfo=</latexit>

d5
<latexit sha1_base64="ozLS8wJnyG7AG15aGLAYVF++XiQ=">AAAB7HicbVBNT8JAEJ3iF+IX6tHLRjDxRFoO6JHEi94wsUgCDdlut7Bhd9vsbk1Iw2/w4kFjvPqDvPlvXKAHBV8yyct7M5mZF6acaeO6305pY3Nre6e8W9nbPzg8qh6fdHWSKUJ9kvBE9UKsKWeS+oYZTnupoliEnD6Gk5u5//hElWaJfDDTlAYCjySLGcHGSn49Gjbrw2rNbbgLoHXiFaQGBTrD6tcgSkgmqDSEY637npuaIMfKMMLprDLINE0xmeAR7VsqsaA6yBfHztCFVSIUJ8qWNGih/p7IsdB6KkLbKbAZ61VvLv7n9TMTXwc5k2lmqCTLRXHGkUnQ/HMUMUWJ4VNLMFHM3orIGCtMjM2nYkPwVl9eJ91mw2s1WvfNWvuuiKMMZ3AOl+DBFbThFjrgAwEGz/AKb450Xpx352PZWnKKmVP4A+fzB6xAjfk=</latexit>

d2

<latexit sha1_base64="WzaPSBW8zv60pgOJW4cGsmBGoh4=">AAAB8nicbVBNS8NAEJ3Ur1q/qh69LLaCp5L0UD0WvHisYFshDWGz2bRLN7thdyOUUPBPePGgiFd/jTf/jduPg7Y+GHi8N8PMvCjjTBvX/XZKG5tb2zvl3cre/sHhUfX4pKdlrgjtEsmleoiwppwJ2jXMcPqQKYrTiNN+NL6Z+f1HqjST4t5MMhqkeChYwgg2VvLrNCw8bxqHbj2s1tyGOwdaJ96S1GCJTlj9GsSS5CkVhnCste+5mQkKrAwjnE4rg1zTDJMxHlLfUoFTqoNifvIUXVglRolUtoRBc/X3RIFTrSdpZDtTbEZ61ZuJ/3l+bpLroGAiyw0VZLEoyTkyEs3+RzFTlBg+sQQTxeytiIywwsTYlCo2BG/15XXSaza8VqN116y1/adFHGU4g3O4BA+uoA230IEuEJDwDK/w5hjnxXl3PhatJWcZ4Sn8gfP5A/bDkOM=</latexit>

e11d0
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Fig. 9: Examples on different communication volumes resulting from
different data and parity nodes selection.

of e11D0 corresponds to computing the XOR result of a
bitmatrix B(e11) and the binary form of D0, while the
addition of e11D0 + e12D1 is equivalent to a bitwise XOR
operation. This choice of erasure code mitigates the coding
overhead, maintaining high training throughput and enabling
more frequent checkpointing.

Thread Pool Technique. We adopt Jerasure [26], a widely-
adopted library implementing various erasure codes on CPUs,
to generate encoding matrices over finite fields GF (2ω). To
enhance performance, we employ a thread pool technique
to parallelize the encoding process. We divide an encoding
task, which typically involves encoding a contiguous block of
memory into another contiguous block of the same size, into
multiple sub-tasks. Each sub-task is responsible for encoding a
portion of the memory. We assign threads in the threadpool to
execute these sub-tasks concurrently, effectively parallelizing
the encoding process across multiple CPU cores. This paral-
lelization significantly improves the encoding speed.

B. Communication Strategy

ECCHECK’s communication overhead mainly occurs during
XOR reduction and P2P communication. Our communication
strategy, which optimally selects data/parity nodes and XOR
reduction target, inherently reduces communication volume.

1) Optimal Selection of Data and Parity Nodes: The de-
cision of which nodes serve as data nodes or parity nodes
directly impacts the communication traffic during checkpoint-
ing. In the example in Fig. 9, there are 3 nodes in a distributed
training system, each containing two devices, and we are to
decide two data nodes (k = 2) and one parity node (m = 1).
Assume each worker has 1 data packet (1 unit size), and
then each worker has a parity packet (1 unit size) as well.
In Fig. 9a, when node 1 is designated as the parity node,
the checkpoint encoding process requires 3 XOR reduction
operations and 3 P2P communication operations, resulting in
total communication traffic of 6 units. Especially, node 2 is
selected as data node 1 and should eventually store d3, d4, d5,
while node 2 already contains d4, d5 initially, necessitating the
transfer of only one additional data packet. In Fig. 9b, when
node 2 is the parity node, there are 3 XOR reduction operations

and 4 P2P communication operations, leading to total commu-
nication traffic of 7 units. Especially, node 1 is selected as data
node 1 which initially stores only d3, requiring the transfer of
two additional data packets. Consequently, the data/parity node
selection in Fig. 9a leads to lower communication overhead.

We compute the best data and parity node selection by
formulating the problem as a maximum overlap interval pair-
ing problem. Consider two arrays of intervals, origin group
and data group, where origin group represents the phys-
ical distribution of GPUs across machines in a distributed
training setup, grouping GPUs by their host machines, while
data group is a logical partitioning of all GPUs across
machines into equal-sized groups based on k (i.e., the number
of data nodes). In Fig. 9, origin group = [[0, 1], [2, 3], [4, 5]]
and data group = [[0, 1, 2], [3, 4, 5]]. The goal is to find, for
each interval in data group, the interval in origin group that
has the maximum overlap. The index of this maximally over-
lapping interval in origin group is a corresponding data node.
In the above example, for interval [0, 1, 2] in data group, the
maximally overlapping interval in origin group is [0, 1], and
the index of [0, 1] is 0; thus, node 0 is selected as a data
node. After processing all k intervals in data group, the k
data nodes are identified, and the other nodes become parity
nodes. It ensures that each designated data node requires the
minimum number of additional data packets from other nodes,
thereby minimizing the communication traffic in P2P commu-
nication. We adopt the sweep line algorithm [3], an efficient
algorithm for interval problems, to solve it. The algorithm uses
a sweep line that moves from left to right across all interval
endpoints in origin group and data group. It maintains
a set of active intervals from origin group and processes
events (interval starts and ends) in chronological order. When
encountering a data group interval, it compares it with all
active origin group intervals to find the maximum overlap.
This approach efficiently handles all intervals in a single pass,
avoiding redundant comparisons. The time complexity of our
data/parity node selection is O((n + m) log(n + m)), where
n and m are the lengths of origin group and data group,
respectively.

2) Optimal Selection of XOR Reduction Target: The num-
ber of XOR reduction operations is determined by the
world_size W (i.e., the number of workers), k and m,
and remains constant regardless of which nodes are designated
as the parity nodes. Specifically, ECCHECK evenly divides
the W workers into k data groups, each containing W/k
workers. Consequently, there are W/k reduction groups, each
comprising k workers from the k data groups that share the
same relative index within their respective data groups. Within
each reduction group, there are m XOR reduction operations
to generate m parity packets. Therefore, W

k ·m XOR reduction
operations are performed in total.

While the number of reduction operations is fixed, we can
optimize the selection of the reduction target. The reduction
target is desirably a parity node to eliminate the need of
data transfer in subsequent P2P communication, thereby min-



imizing overall communication traffic. Given W/k reduction
groups and g workers per parity node, there are W

k − g
reduction groups without parity workers (i.e., workers on a
parity node). For groups containing parity workers, we simply
assign the XOR reduction target to parity workers, eliminating
the need for additional P2P communication. For each reduction
group without a parity worker, we must distribute the m
XOR reduction results across its k workers and then transfer
them to the corresponding parity workers through the P2P
communication. The selection of reduction targets in this
reduction group depends on the relative values of k and m:

- When k = m: the sweep line algorithm typically des-
ignates odd-indexed nodes as data nodes and even-indexed
nodes as parity nodes. There are W/k = 2g reduction groups,
each with k workers and m XOR reduction operations. Since
k = m, the m XOR reduction results can be directly stored
on the k workers.

- When k > m: k − m workers in each group are not
assigned as reduction targets for any XOR reduction operation,
exempting them from P2P communication. ECCHECK assigns
m reduction targets sequentially at an interval of ⌊k/m⌋ within
each reduction group.

- When k < m: at least m − k workers in each reduction
group are selected as reduction targets multiple times. EC-
CHECK assigns m reduction targets in a round robin manner
within each reduction group.

3) Communication Scheduling: While checkpoint encoding
is executed on the CPU, avoiding direct interference with
GPU computation, the associated communication shares the
same network infrastructure as training communication. Such
network resource sharing could potentially impede the training
process. Fortunately, training communication typically follows
predictable patterns [29]. We can exploit such predictabil-
ity to strategically schedule checkpointing communication
operations during network idle periods, thereby minimizing
disruption to the training process.

To identify network idle periods, we profile the time slots
for inter-node communication during the first 50 training it-
erations. Then we synchronize checkpointing communications
with these identified idle periods. In tensor-parallel training,
we leverage the idle times between synchronization of partial
results across devices. For pipeline-parallel setups, we exploit
the bubble periods when some stages are waiting for inputs or
have finished processing.

C. Pipelined Execution

Further, we execute the three steps (encoding, XOR re-
duction, and P2P communication) in a pipelining manner,
exploiting multi-threading to maximize efficiency: as soon
as a data packet is encoded by an encoding thread, it is
immediately passed on to the XOR reduction thread, which
performs the necessary XOR operations. Meanwhile, the en-
coding thread continues uninterrupted with encoding the next
data buffer. Upon completion of XOR reduction, the P2P
communication thread immediately initiates data transfer. This
pipelined execution works in concert with the idle time slot

TABLE I: Model configurations

Model Hidden size #AH #Layers Model size

GPT-2
1600 32 48 1.6B
2560 40 64 5.3B
5120 40 64 20B

BERT
1600 32 48 1.6B
2560 40 64 5.3B
5120 40 64 20B

T5
1600 32 48 1.6B
2560 40 64 5.3B
5120 40 64 20B

Note: AH is short for attention heads.

scheduling discussed earlier. The encoding thread operates
continuously, preparing data packets and encoded packets for
transmission. However, the XOR reduction thread and P2P
communication thread are synchronized with the identified
network idle periods. These threads buffer their operations and
execute them only during the profiled idle time slots, ensur-
ing that checkpointing communications do not interfere with
training traffic. Such pipelined execution effectively overlaps
computation and communication, substantially reducing the
overall execution time.

V. EVALUATION

A. System Implementation

We implement ECCHECK on top of Megatron-LM [32],
a state-of-the-art framework for training large models, in
5.2k lines of C++ and Python code. ECCHECK primar-
ily comprises three functions: eccheck.initialize,
eccheck.save, and eccheck.load. When training
starts, eccheck.initialize determines the encoding ma-
trix and the communication strategy, and allocates neces-
sary buffers. It also identifies network idle time slots by
online profiling. During training, eccheck.save periodi-
cally stores the encoded_state_dict in host memory.
In the event of failures, eccheck.load reconstructs the
latest version of the original state_dict from available
encoded_state_dict entries. The distributed training
utilizes NCCL [5] as the communication backend, and Adam
optimizer [15] for parameter updates. We adopt the Gloo
[10] communication backend for ECCHECK communication
operations, as we use CPU resources for checkpoint encod-
ing and communication, enabling parallel processing without
interfering with GPU training.

B. Experimental Setup

Testbed. We experiment on four machines, each equipped
with two AMD EPYC 7H12 CPUs and four NVIDIA Tesla
A100 GPUs (40 GB) interconnected via NVLink. The host
memory of each machine is 512 GB. We train each DNN
model using hybrid parallelism: tensor parallelism with a
degree of 4 among GPUs on each machine and pipeline par-
allelism across 4 stages on the four machines. Inter-machine
network bandwidth is 100 Gbps. For persistent checkpoint
storage, we utilize a remote storage system with aggregated
bandwidth of 5 Gbps from the machines to it. To evaluate



scalability, we scale up to a maximum of 32 NVIDIA Tesla
V100 GPUs (32 GB).

Benchmarks. We train representative large deep learning
models, including GPT-2 [27], BERT [6], and T5 [28], on
the Code Parrot dataset [14]. We vary the number of layers
and hidden sizes, generating a diverse set of model scales, as
shown in Table I. We maintain a consistent vocabulary size of
50,257 tokens in all experiments.

Baselines. We compare ECCHECK with three baselines: (1)
base1, which uses torch.save() from PyTorch and is the
conventional choice for checkpointing in distributed training
[24]. It serializes state_dict and then transfers the result
to remote persistent storage. Its checkpointing is synchronous,
blocking training until checkpointing is complete. (2) base2,
a 2-phase checkpoint scheme inspired by CheckFreq [20]. It
first copies the model states from GPU to CPU, and then
asynchronously writes the checkpoint data to remote persistent
storage. (3) base3: replication-based in-memory checkpointing
according to GEMINI (which is not open-sourced) [35]. In our
four-node testbed, it groups node 1 and node 2 into one group
and node 2 and node 3 into another. Each worker first copies
the model states from GPU to CPU, and then broadcasts the
checkpoint data to all other nodes in the same group.

Settings. In our settings, k = 2 and m = 2. Each worker
reserves 12 data buffers and 24 encoding buffers in the CPU,
and each buffer is 64 MB in size.

C. Checkpointing Time

Fig. 10 compares the checkpointing time for mod-
els of different sizes. The time is measured from when
eccheck.save is called until its completion. In-memory
checkpointing, base3 and our ECCHECK, significantly reduce
the checkpointing time compared to remote storage-based
checkpointing. Checkpointing time limits the maximum check-
pointing frequency, as the next checkpointing process cannot
begin until the current one finishes. A higher checkpointing
frequency helps prevent training from resuming from a much
earlier state after a failure, thereby reducing wasted GPU work.
While ECCHECK exhibits a modest increase in checkpointing
time compared to base3 (approximately 1.6 times) due to
the overhead of encoding, it offers a substantially enhanced
fault tolerance capacity. Specifically, it can tolerate any two
concurrent failures, while base3 is unable to recover if both
node 0 and node 1 (or both node 2 and node 3) fail. We posit
that this minor increase in checkpointing time is a judicious
trade-off, considering the much improved resilience against
failures that ECCHECK provides. Furthermore, as we will
demonstrate next, the additional time required by ECCHECK
has a negligible impact on overall training progress.

D. Training Efficiency

Fig. 11 presents a time breakdown of ECCHECK check-
pointing when training GPT-2 models of varying sizes. Step
1 (i.e., analyzing and decomposing the state_dict, and
meanwhile transferring tensor data from device memory to

host memory) only blocks training for a short duration. Step 2
(i.e., broadcasting non-tensor key-value pairs and tensor keys)
takes negligible time. Step 3 (i.e., the pipeline execution of
the encoding, XOR reduction, and P2P communication) takes
the majority of the time. This step occurs asynchronously,
allowing training to progress unimpeded.

Fig. 12 compares the average training iteration time across
different checkpoint frequencies (i.e., 1/#checkpoint interval).
We observe that the runtime overhead for base1 is significant
due to its reliance on synchronous checkpointing, which
blocks training until the checkpointing process is complete.
As the checkpoint frequency increases, the runtime overhead
for base2 becomes more pronounced. Although base2 writes
checkpoint data asynchronously to remote persistent storage
to reduce checkpoint stalls, it fails to reduce the actual
checkpointing time, thereby limiting its ability to support
high-frequency checkpointing. In contrast, both base3 and
ECCHECK demonstrate similarly outstanding performance.
This can be largely attributed to their use of high-bandwidth
inter-node connections and effective communication strategies.

E. Fast Recovery

Fig. 13 presents the recovery time under two failure sce-
narios, i.e., from when eccheck.load is called to training
resumption. In Figure 13a where all data nodes 0 and 2
survive, ECCHECK can resume training rapidly by leverag-
ing high-bandwidth inter-node connections for transferring
checkpoint data packets. In contrast, remote storage-based
checkpointing, base1 and base2, require significant recovery
time, due to relatively low bandwidth and the inability to
execute asynchronously.

In Fig. 13b where nodes 0 and 1 survive (data node 0
fails), base3 fails to recover the original model states due
to the failure of both node 2 and node 3. While ECCHECK
requires additional time to resume training compared to the
first scenario (due to decoding to recover lost data packets), it
still substantially outperforms base1 and base2.

F. Scalability

We first show that the communication overhead for each
worker remains constant as the number of nodes increases.
Consider a general scenario with n nodes, each containing g
workers (with a total of W = ng workers). These are divided
into k data nodes and m parity nodes, where n = k + m.
Each worker stores data of size s, meaning the total model
size is s ·W . As we described in Section IV-B, there are W/k
reduction groups, each comprising k workers. Each reduction
group performs m XOR reduction operations, generating m
parity packets that are distributed among the k workers. The
total communication volume during the XOR reduction is
W
k m(k−1)s. For P2P communication, under our optimal data

and parity nodes selection strategy, each data node already
holds g data packets. Given that there are W data packets
in total, this means W − kg data packets need to be trans-
ferred. Each parity node holds g parity packets, and there are
Wm
k total parity packets. Therefore, the total communication
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Fig. 10: Comparison of checkpointing time.
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Fig. 12: Checkpointing over-
head for GPT2 5.3B training.
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Fig. 13: Comparison of recovery time.
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Fig. 15: Comparison of fault toler-
ance capacity between base3 and
ECCHECK under identical redun-
dancy conditions (k = m = n

2
).

volume for one checkpointing process is Wm(k−1)s
k + (W −

kg)s + (Wk − g)ms = msW , which is m times the total
model size. Thus, the average communication overhead per
device is ms, meaning it does not increase as the number
of nodes grows, it depends only on the number of parity
nodes (which determines fault tolerance) and the size of the
model shard each worker holds. This illustrates ECCHECK’s
excellent scalability. In Fig. 14, we evaluate the scalability
of our approach using up to 32 NVIDIA V100 32GB GPUs.
A GPT-2 model with a fixed hidden size of 1024 is trained,

while the number of layers is varied from 16 (for 4 GPUs)
to 128 (for 32 GPUs) to ensure that the model parameters
per GPU remain nearly constant. The number of nodes is
fixed at n = 4, with k = m = 2. The figure demonstrates
the excellent scalability of base3 and ECCHECK, attributed
to their fully distributed design. In contrast, for base1 and
base2, the checkpointing time scales linearly with the number
of GPUs. This is because the volume of data increases linearly,
while the aggregated bandwidth to the remote storage system
remains constant.

In large clusters, it is common to increase the number
of parity nodes to enhance fault tolerance, which will raise
the communication overhead. To mitigate this, a group-based
checkpointing approach can be employed, where nodes are
divided into smaller groups, and ECCHECK is applied within
each group. This allows the system to scale to a larger number
of nodes without a proportional increase in checkpointing
overhead, while still maintaining sufficient fault tolerance
compared to replication-based methods. An example of this
approach is illustrated in Fig. 3.

G. Fault Tolerance Capacity

Consider our experimental setting where k = m = n/2.
The successful recovery rate of ECCHECK is

∑n
2
i=0

(
n
i

)
pi(1−

p)n−i according to Eqn. 2, demonstrating that ECCHECK
can tolerate up to n/2 concurrent failures. In contrast, for
base3, recovery becomes impossible if more than one failure
occurs within the same group. To ensure recoverability, any
i failures must occur in distinct groups. In this case, the
probability of base3 successfully recovering the original data

is
∑n

2
i=0

(
n
i

)
pi(1− p)n−i · (

n
2
i )2

i

(ni)
according to Eqn. 1.

Fig. 15 illustrates the fault tolerance capacities of both
systems. ECCHECK achieves superior fault tolerance com-
pared to base3 under identical redundancy conditions (i.e.,
identical CPU memory usage), and this advantage becomes
more pronounced as the number of nodes increases.

VI. CONCLUSION AND DISCUSSION

We introduced ECCHECK, an innovative in-memory check-
pointing system for distributed deep learning training. Lever-
aging erasure coding, ECCHECK significantly enhances fault
tolerance of in-memory checkpointing while maintaining high
training throughput, low checkpointing stalls, and fast recov-
ery. We judiciously design a series of techniques to optimize
computation and communication efficiency during the erasure
coding-based checkpointing procedure. Extensive experiments
show ECCHECK’s advantages: reduced checkpointing time
(by up to 5.2×) and fast recovery (by up to 13.9×) compared



to remote storage-based checkpointing. Moreover, it demon-
strates enhanced fault tolerance compared to replication-based
in-memory checkpointing.

For better scalability, we can use a group-based checkpoint-
ing approach, by dividing nodes into groups, with ECCHECK
applied for checkpointing within each group. The group size
can be tailored to specific requirements of the training job,
balancing communication efficiency and fault tolerance. Com-
puting the optimal group size is part of our future work.
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